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rABA

TABJIMIIbI HCTHHHOCTH,
JIOTHUKA,
JOKA3ATEJbCTBA —

1.1. BbICKA3bIBAHUA U NNTOTMYECKUE CBA3KU

B stom paspese paccmaTpuBaloTcsi TabJHMLbl HUCTUHHOCTH, 3HAKOMCTBO C KOTOPBIMH
OyneT AJs Hac NepBHIM LIaroM B H3y4YeHHH JIOTHKH. [lajee Mbl yBHAUM, UTO TabJsu-
bl UCTHHHOCTH SIBJISIIOTCS TaK’K€ OCHOBHBIM HHCTPYMEHTOM MJIsl ONpeleseHNs OPyTriuxX
BaKHBIX TOHSITHH TUCKPETHOH MareMaTHKH. JIoruKa, co3maHHas Kak HayKa 3HaMeHH-
TeiM Apucroresem (384-322 o H.3.), HAa NPOTSKEHHU CTOJIETHE HCMOJb30BaNaCh /sl
pa3BUTUS MHOTUX 00JacTell 3HaHHs, BKJIOYas TeOJIOrHI0, (UI0CcO(PUI0, MaTeMaTHKY.
Ona — TOT (pyHOAMEHT, Ha KOTOPOM IIOCTPOEHO Bce 3jaHKe MaTeMaTHKH. [lo cyTy,
JIOTHKa — 3TO HayKa O pacCyXAeHHUsIX, KOTopasl M03BOJSIeT ONpeldesUTbh UCTHHHOCTb
WJIM JIO)KHOCTB TOTO MJIM MHOTO MaTeMaTHUECKOTO YTBEPXKAEHHSs, UCXOAs U3 COBOKYII-
HOCTH TIEPBHUHBIX TPEATOJNOXKEHHH, Ha3blBaeMBIX akcHMoMaMHu. Jlorvka npuMeHsieTcs
TakxKe B HH(OpPMAaTHKe AJs MOCTPOEHUS KOMIBIOTEPHBIX NMPOrpaMM M [10Ka3aTesbCTBa
UX KOppeKTHOCTH. [ToHATHSI, MeTOABI U CPeACTBA JIOTHKH JIeXKaT B OCHOBE COBPEMEHHbBIX
MH(POPMALMOHHbIX TexHosaorui. OnHa U3 OCHOBHBIX LieJledl 3TOH KHUIM — H3JI0XKHTb
OCHOBBI MaTeMaTHUeCKOH JIOTHKH, 1T0Ka3aTh, KaK OHa MCIMOJb3yeTcs B MH(OPMATHKe, U
paspaboTaTb MeTOAbl aHA/IM3a U J0Ka3aTesNbCTBa MaTeMaTHYeCKUX yTBEPXKIEHHH.

Boicka3biganue — 3To yTBepiKJeHHE WJM TOBECTBOBATEJbHOE MPeENJIOKEHHE, O
KOTOPOM MOXKHO CKa3aTb, YTO OHO MCTMHHO WJIM JIOXKHO. MIHBIMU cjloBaMH, yTBepKe-
HHe 00 UCTUHHOCTH WJIH JIO)KHOCTH BBICKa3bIBAaHUS HOJI2KHO UMETb CMBIC/. MICTHHHOCTD
WJIH JIOXKHOCTbh, TIPUITUChIBaEMble HEKOTOPOMY yTBEPXKAEHHIO, Ha3bIBAIOTCS €ro 3Haude-
HUem UCMuHHOCMU, WU UCMUHHOCMHbIM 3HAYEHUEM.

Bot nprmepsl npepsiozKeHHH, He SBJSIOMMXCS BBICKA3bIBAHUSMHU:

Kmo sb1? (Bompoc),
[Ipoumume amy eaasy 0o credyroujeco 3aHamus (mpHKas UM BOCKJIHIIAHUE),
Imo ymeepsicoenue N0HHO (BHYTpeHHE NMPOTHBOPEUHBOE yTBEPKAEHHUE).
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Me1 6ynem 0603HauaTh BbICKa3biBaHUSI OyKBaMHU JIATHHCKOTO andaBuTa p, q, r, ...
Hanpuwmep, p moxer o603HauaTh yTBep:xkaeHue 3asmpa 6ydem doxOv, a ¢ — yTBep-
KaeHue Keadpam 4en020 4ucaa ecmo YUCAO NONOHCUMENbHOE.

B obbinenHoii peun a/s1 06pa3oBaHUs CJIO0XKHOTO MpelJIoKeHHsI U3 MPOCTHIX HC-
MOJb3YIOTCS CBSI3KW — 0OCOOble YaCTH peyH, COeNHHSIOINEe OTAeNbHble MPeNoKEeHHS.
Haubosee yacto ynoTpebJsiOTCS CBSI3KU U, UAU, Hem, eCAU ... MO, MOAbKO eCAu,
U moeda u moabko moeda. B oTiuune oT 0OBIIEHHOH peyd, B JIOTHKE CMBICJ TaKHX
CBSI30K [IOJKeH ObIThb OmMpefiesieH OfHO3HAYHO. MICTHHHOCTBH CJIOKHOTIO BBICKA3BIBAHHS
O[IHO3HAUHO OMpefiessieTcss UCTHHHOCTBIO HJH JIOXKHOCTBIO COCTABJSIOMIUX €0 YacTel.
BrickasbiBaHUe, He cofepaxkalllee CBSI30K, Ha3biBaeTcsl npocmeim. BrickaseiBaHue, Co-
JieprKalllee CBSI3KU, Ha3bIBAETCS CAONHCHBIM.

[IycTb p u ¢ 0603HAUAIOT BbICKA3bIBAHUS

p:  [ocetin sooum asmomobuiv,
q: ¥ Boba pycole 8oa0coL.

CJoxHO€e BBICKa3blBaHUE
Hocetin sodum asmomoburv u y boba pyceie sosocet

COCTOUT M3 ABYX yacTeH, 00beIMHEHHBIX CBSI3KOHU L. ITO BbICKA3bIBAHHE MOXKET ObITh
CHMBOJIMYECKH 3aIlIMCAHO B BHUJE

pug
WJIK MIPOCTO Kak
PAG,
rae CUMBOJ A 0603HauaeT CJOBO 1 Ha sI3blKe CHMBOJIMYECKHX Bpra}KeHHf/’I. Bpra)KEHI/Ie

P A q Ha3blBaeTCsl KOHBIOHKYUel BbICKA3bIBAaHUH p U q.
TouHO Tak ke BblCKa3blBaHUE

Hocetin sodum asmomobure uiu y boba poisue 8osocot.

CHUMBOJIMYECKU BbIpaXKaeTcs Kak
D WM q

WK
pVaq,

rae V 0603HauaeT CJOBO AU B MEPeBOJie HAa CHMBOJNHUYECKUH s13bIK. BripaxkeHue p V q
HasblBaeTCsl QU3BIOHKYuUell BEICKA3bIBaHUH p U q.
Onpogepscenue, i ompuyaHnue BbICKa3biBaHHs p 0003HAUaeTCsl uepes

Takum 06pa3oM, ecJid p eCTh BbICKasbiBaHHWe /lowceiln 8odum asmomobuisb, TO ~p —
3TO yTBepXKaeHHe [oceiin He sodum asmomobuis.

Ecau r ectb BbicKasbiBaHue /oo Hpasumca ungopmamura, 10 [Jxcetin He 80-
dum asmomobure u y boba pyceie sorocer uau [xco arobum urngopmamury CUMBO-
Jaudecku 3anuuercs Kak ((~p) A q) V r. Y Hao6opoT, BbipaxeHue p A (~q) Ar — 3T0
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cUMBoJiMUecKas (popma 3amucH BeICKasblBaHUS [xceiin sodum asmomobuirs, y Loba
soaocel He pycvie u [lnco wpasumces uHpopmamuka.

Paccmotpum BeipaxkeHue p A g. Ecin HekTo roBoput: “JI>kefiH BOLUT aBTOMOOHJIb
u y boba pycoble Bosocsl”, TO Mbl, eCTeCTBEHHO, npeactapiseM cebe [>xkeliH 3a pyJieMm
aBTOMOOHJIA U pycoBosiocoro Boba. B moboit npyro# curyauun (Hanpumep, ecan o6
He pycoBosioc MM JIKeHH He BOIUT aBTOMOOWJIB) MBI CKayKeM, YTO TOBOpPSILIHE He
pas.

Bo3MoxKHEI YeThipe cjyuasi, KOTOpble HaM HeoOXOLHMO PaccMOTpeTh. Brickasbl-
BaHHE p MOXKeT ObITh UCTHHHBIM (1) Wan N0KHBIM (F') U HE3aBHCHMO OT TOT0, KakKoe
MCTUHHOCTHOE 3HaueHHe NPHHUMAeT p, BBICKA3bIBAHHWE ¢ MOXKET Takxe OBbITb HCTHH-
HeiM (T') uau joxubiM (F'). Tabauya ucmuHHOCMU TIepeUYHCHsieT BCe BO3MOXKHBIE
KOMOMHALMK HCTHHHOCTH U JIOXKHOCTH CJIO’KHBIX BBICKA3bIBAHHUH.

Panee Mbl y6enuauch, 4TO TOJIbKO B IEPBOM CJ1yyae BbICKA3blBaHHE P/Ag HCTHHHO.
B ocranbHBIX Ke Mbl MMeeM JIoXKHOe 3HadeHHe p A q. Hanpumep, caydail 3 onucbiBaet
3HaueHWe UCTHHHOCTH IJS p A ¢, Koraa HeBepHO, 4To JIXKelH BOAMT aBTOMOOHJIb U Y
Bo6a pycele Bosocsl. Ecau p — BricKasbiBanue [awcon 6oecam, a ¢ — BbICKa3bIBaHHE
Hocon kpacus, To He 3HaKoMasi ¢ J[>KOHOM JeBYIUKa, KOTOPYIO yOeouJH B TOM, UTO
BblCKa3blBaHue [ocon 6ocam u [ucon kpacus, unu [Joucon 6oeam u Kpacus UCTHHHO,
Oynet npenctaBasaTh cebe J[xKoHa W GOraThiM, U KPACHBBIM.

TouHo Tak XKe pacCMOTPUM BBICKA3bIBAHHUE

Hocetin 8o0um asmomobure uiu y boba pycole 80a0cHL,

KOTOpOe CHMBOJIMYECKH BBIpakaeTcsl Kak p V g. Ecan HekTo ckaxeT: “JlKeltH BOgUT
aBTOMOOU/Ib UM Y DBoba pycble Bosoch”, To OH OyleT He NpaB TOJNBKO TOTAA, KOrna
J>kefiH He cMOXKeT ympaBJ/siTh aBToMobuseM, a bo6 He 6yneT pycoBoJockiM. las Toro
4TOOBl BCE BBICKA3bIBaHHE ObIJIO UCTHHHBIM, HOCTaTOYHO, UTOOBI OfIHA U3 JBYX COCTaB-
JISIOLUIUX ero KOMIIOHEHT Obljia HCTHHHOH. [loaToMy p V ¢ MeeT TabmUIy HCTHHHOCTH

Cayuaik p q | pVgq

BeickasbiBaHue p V ¢ JOXKHO TOJNBKO B caydae 4, korga p U g 06a JIOXKHBbI.

Ecnu p — BricKasbiBaHue [Jocorn 60eam, a ¢ — BbICKA3bIBaHUe [oicOH Kpacus, u He
3HakoMmasi ¢ JIXKOHOM [eBYILIKa yBepeHa B UCTHUHHOCTH BBICKa3blBaHUS [acon 6ocam
uau [owcon kpacus, uan [Lwcon 6ozam uau Kpacus, TO OHA BIIpaBe OXKUIAThb, YTO
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HUCTHUHHO OJTHO U3 BbICKA3bIBaHUH, HO He 00si3aTesibHO 06a. [leBylliKa nmouyBCcTBYeT cebst
BBEJIEHHOH B 3a0J/1yKIeHHE, TOJbKO eCau 0OHapYyKUT, 4yTo JKOH OeleH U YPOLJIHUB.
Tabnvua UCTUHHOCTU OJs1 OTPULAHHUSL P UMEET BUJ

Cayuaii p | ~p

HcTrHHOCTHOE 3HaueHHWe ~p Bcerga MPOTHBONOJOXKHO HCTHHHOCTHOMY 3Haue-
HHIO p. B Tabsmuiiax HCTHHHOCTH OTPHLI@HHE BCEra OlleHUBAeTCs MepBbIM, €CIH TOJIbKO
3a 3HAKOM OTPHMLIAHHSl He CJlelyeT BbICKa3blBaHHe, 3aKJ/io4eHHoe B cKoOKH. [loaTomy
~pV q HHTepIpeTUpyeTcs Kak (~p)V ¢, Tak 4TO OTPULLAHHE MPUMEHSIETCS TOJMBKO K P.
Ec/iu Mbl XOTHM OTpPULATb BCE BbICKAa3bIBaHHE pA (¢, TO 3TO 3aMHChIBaeTCs Kak ~(pVq).

CHUMBOJIBL A U V Ha3blBAlOT OGUHAPHbIMU CBSI3KAMH, TaK KaK OHH CBS3BIBAIOT ABa
BBICKA3blBaHHSl KakK, HalpHMep, B BbIpaKeHUAX p A ¢ U p V q. CUMBOJ ~ sBJseTCS
YHApHOU CBSI3KOH, TaK KaK MPUMEHSETCS TOJbKO K OfHOMY BBICKa3bIBAHHIO.

Eue onHa OuHapHas cB3Ka — 3TO UCKJroHaroujee uiu, Kotopoe o603HayaeTcs
yepe3 V. BrickaseiBaHUe p V ¢ UCTHHHO, KOTJa UCTHHHO D UJH ¢, HO He 00a OfHOBpe-
MeHHO. JTa CBsI3Ka MMeeT TabJHIy HCTHHHOCTH

Crywait p q [pVgq

Hcnonb3sys cl0BO uau, Mbl MOXKEM UMeThb B BULY UCKAtouarouee uau. Hanpumep,
KOrJa Mbl TOBOPUM: “JIMK CIACT 3K3aMeH [0 JIOTMKe WJIM OH He CHACT 3TOT 3K3aMeH”,
Mbl, KOHEUHO, npeanoJjaraem, 4ro UK chenaet 4to-To ogHo. Takum obpasom, Kornaa
Mbl TOBOPHUM, UTO p — JHUOO UCTUHA, JHUOO JIOXKb, TO, €CTECTBEHHO, NpeAroJaraem,
4TO 3TO He BBINOJHSETCS ONHOBPeMeHHO. B Joruke uckarouaroujee usu UCIONb3yeTCs
JIOBOJIBHO PeNKO, U B HajibHeHIleM Mbl, KaK MpaBuio, 6yneM 06XOAUTbCs 6e3 Hero.

PaccMoTprM BbIcKa3biBaHHE

Cam ynaamum waroe 3a mauwury uru Cam ympamum c80t0
mawury u 6ydem xodume Ha pabomy NeuwKom .

[Tyctb p o6o3HauaeT BeicKasbiBaHue Cam yYniamum HaL0e 36 MAULUHY, ¢ — BBICKa3bl-
BaHue Cam ocmanemcs npu ceoetl maulure, a r — BeicKassiBaHue Cam 6ydem xodumo
Ha pabomy neuikom. Torma Haie CJ0XKHOE BBICKa3blBAHHE MOXKHO MPEACTABUTD B BHJIE

pV((~g) Ar),

rae CKOOKH HCMO/b30BaHbl, YTOOBI [I0Ka3aTh, KaKHe MMEHHO BbICKa3blBaHHUS SIBJISIOTCS
KOMIIOHEHTaMH KaXKI0H CBSI3KH.

TaMLa HCTHHHOCTH JlaeT BO3MOXKHOCTb OIHO3HAUHO yKa3aTb T€ CHTYyalHH, KO-
raa BeicKaseiBaHHe p V ((~q) A r) SIBJISETCS MCTHHHBIM; IPH 3TOM MBI JOJIKHBI ObITb
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YBEPEHbI, UTO YUTEHbI BCE CJay4daH. HOCKOJ’Ibe CJIO2KHO€ BbICKAa3blBaHHE CONEPKHUT TPHU
OCHOBHBIX BbICKa3blBaHUA p,q U 7, TO BOSMOXKHbI BOCEMb CJIyHaeB

Cayuaii p q r | ~q | (~g)A7T | pV((~q)AT)

[Ipy HaxoKIEeHUH 3HAUEHMH MCTHHHOCTH IJisi CTOJIOUA (~q) A 7 Mbl HCIOJb3yeM
cToNOIbl a5l (~q) U 7, a TakkKe TabJIHIy UCTUHHOCTH Ajsi A. Tabsiuia UCTUHHOCTH
IJ5 A\ TIOKa3blBaeT, YTO BbICKa3biBaHHe (~¢q) A r UCTHUHHO JIUIIb B TOM CJydae, KOTAA
HUCTHHHBI 00a BbICKAa3blBaHUs (~q) U r. DTO HMeeT MeCTO JIHLIb B Caydasax 3 u 7.

3aMeTHM, UTO NIPH ONpe/e/IeHHH 3Ha4eHHH UCTHHHOCTH 17151 croaibua pV ((~q)Ar)
UrpaeT Posib TOJNBKO MCTHHHOCTb BBICKa3blBaHUU p U (~q) A r. Tabiuua HCTHHHOCTH
IJs1 V TOKa3bIBaeT, YTO eUHCTBEHHBIH c/aydail, KOTia BbICKa3blBaHHe, 06pa3oBaHHOE
C TIOMOIIBI0 CBSI3KM UAU, JIO)KHO, — 3TO CJyuyad, Korga JIoKHbl o6e 4acTH 3TOTO BHI-
ckasbiBaHMs. Takas cuTyalusi HMeeT MeCTO TOJbKO B caydasx 9, 6 u 8.

Ecnu CoM He ymaTUT HAJOT 3a MalluHY (T.e. p JIOXKHO, UM UMeeT 3HaueHue F),
JIMLIUTCS CBOeH MalinHbl (¢ UMeeT 3HaueHue F') u GyneT XOAUTh Ha paboTy mewkom (r
uMeeT 3HaueHue 1), To OyaeT UMeTb MecTo caydait 7. Tot, KTo ckaxeT: “CaM ymiaTHUT
HaJsor 3a MalWHy wiad C3M yTPaTHT MallMHy U OyAeT XOAUTb Ha paboTy MelIKoMm’,
OyneT abCo/IIOTHO MpaB.

JIpyro#i, sKBHBa/JIeHTHBIH CNOCOO MOCTPOEHHUSI TabJHLbl UCTUHHOCTH COCTOMT B
TOM, 4TOOBI 3aMUChIBATb HUCTHHHOCTHbIE 3HAUeHHs BbIpaXKeHUs Mof CBsA3Kod. CHoBa
paccmoTpuM BbipaxkeHue pV ((~q) Ar). CHaua/sa Mbl 3alKMCbiBaeM HCTHHHOCTHBIE 3Ha-
YeHHs TOJ, NMepeMeHHbIMU p, ¢ U r. ETUHHUIBI O CTOI61aMU UCTHHHOCTHBIX 3HAUeHHH
YKa3bIBaIOT Ha TO, YTO 3THM CTOJI011aM HCTUHHOCTHbIE 3HAUEHH sl IPUCBANBAIOTCS B Iep-
ByI0 odepelib. B obuiem ciayyae uucsao nof cTosaduoM OyneT NMoKa3biBaTh HOMep Iliara,
Ha KOTOPOM IPOU3BOASTCS BBIYMCJIEHHS COOTBETCTBYIOIIMX MUCTHHHOCTHBIX 3HAUEHHH.

Caiyauait p q r|p V ((~ q@ A 7
1 T T T\ T T T

2 T T F|T T F

3 T F T|T F T

4 T F F|T F F

5 F T T|F T T

6 F T F | F T F

7 F F T | F F T

8 F F F|F F F

1 1 1
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3aTeM Mbl 3allMChIBaeM noa CMMBOJIOM ~ MCTHMHHOCTHBIE 3HAYEHHWS BbICKA3bIBAHHA ~q.

Ciywat p q r|p V ((~ q AN 1)
1 T T T | T F T T

2 T T F|T F T F

3 T F T | T T F T

4 T F F | T T F F

5 F T T|F F T T

6 F T F|F F T F

7 F F T|F T F T

8 F F F|F T F F

1 2 1 1

Hakonel, 3anuceiBaeM 3HauyeHHsi BbickadbiBaHus p V ((~q) A r) mox cuMBOJIOM V.

O
=
<
W
[
S
i)
LS
=
i)
—_
2
Q
~
> ~—"
1
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NPUMEP 1.1. [lycts p, ¢ U r 0603HaUalOT, COOTBETCTBEHHO, BBICKa3blBaHUs Ppad
arobum ¢ymbéon, Ppad awbum eorvdh, Dpad rrwbum mernnuc. TpebyeTcs 3amucaThb
BbICKa3biBaHUe Ppad arobum Gymbon u HeBepHo, Umo oM A0bUM oAb UAU MEeHHUC
B CUMBOJINYECKOH (DOpPMe M yKa3aTb COOTBETCTBYIOLLYIO eMy TabJHLy UCTUHHOCTH.
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CHayaJsia 3aMeHHM 3TO BbICKa3bIBaHWE 3KBUBAJEHTHBIM — Ppady npasumca ym-
601 u Hesepro, umo DPpad arbum eorvgh usu mennuc. BeickaszeiBanue @pad awobum
20MbQ) UL MeHHUC B CUMBOJHUYECKOH (opMe 3amucbiBaeTcsl Kak ¢ V r. Bbicka3sbiBa-
Hue Hesepro, umo ®pad awbum corvg) uiu menHuc, CAMBOJIUYECKU 3aMHCHIBAETCS
Kak ~(q V), MOCKOJbKY OTPHLIAHHE TPUMEHSIETCS KO BCEMY BBICKA3bIBAHHIO, KOTOPOE
cnenyet nocse “uro”. Mrtak, MCXonHOe BbICKa3bIBaHME CHMBOJIHUECKH H300paxKaercs
p A (~(qVr)). Tabnuua UCTHHHOCTH 3TOTO BHICKA3bIBAHHS HMEET BUJ

B YIIPA2KHEHUA

1. Halingute cpenu yKasaHHBIX HHUXKe IpPeNJOKEeHHH BbICKA3bIBAHUS. YKaKHUTE HX
HCTUHHOCTHbBIE 3HAYEHMUS.

a) Kotopniii yac?
6) Llesnoe uncyo 1 ecTb HaUMeHblIIee MONOKHUTENBHOE LIEJ0e YUCJIO.
B) Ecan z = 3, To 22 = 6.
r) Deperucs aBTOMOGH 5!
) IOxHas JlakoTa — I0XKHBIH ITAT.
2. Hafizute cpeau yKasaHHBIX HHXKe MNpENJIOKEHHH BbICKA3bIBAHHUS. YKaXKHUTE HX
HUCTHHHOCTHBIE 3HAYEHHS.
a) Bce yerHble uncsa menatcs Ha 2.
0) 3arpysuTe MakeThl B MallHHY.
B) DTO yTBep:KIeHHe He MOXKeT ObITh UCTHHHBIM.
r) IOnurep — Guurkaiias K COMHLY MJaHeTa.
a) He crenyeT XpaHUTb KOMNAKT-AUCKH B MHKPOBOJIHOBOH IMEUH.
3. Ilyctb p, ¢ u r 0603HAUAIOT CJIEAYIOLIME BBICKA3bIBAHHUS:
p:  Ilymewecmsue na Mapc ssisemcs 00po2oCmosUlUM.
q: 4 cosepuy nymewecmesue na Mapc.
r: ¥ mena ecmo Oenveu.
3anuumTe B CHMBOJIMYECKOH (POpPMe TaKHe BbICKA3bIBAHHS:
a) Y mens wem Oenee u a He cosepuly nymeuiecmsue Ha Mapc.
0) ¥ mens nem Oenee u nymewecmsue na Mapc asasemcs dopococmosuyum
uau s cosepuly nymeuiecmsue Ha Mapc.
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B) HesepHo, umo y mens ecmo Oenveu u s noiewy Ha Mapc.

r) [lymewecmsue na Mapc He asasemcsa dopoeocmosaujum u 2 noaedy Ha Mapc
uau nymewecmsue na Mapc agaasemca 0opoeocmoauwum U 1 He noLeuy Ha
Mapc.

4. TlycTb p, ¢ U r 0603HAUAIOT CJAEAYIOLINE BHICKA3bIBAHUS:
p: Mot komneromep — boicmpodeticm8yrouyuil.
q: 4 oxowuy npoexm sospems.
r: 4 coam skzamen.

3amuinTe B CUMBOJMYECKOH (OpMe TakHe BBICKA3bIBAHHS:

a) Y mensa ne Ovicmpoldelicmeyrouiuti KOMnvomep UAU 1 3QKOHUY NpOeKm 80-
spems.

0) A He 3aKOHUY npoeKm B08pemMs U He cOaM IK3AMEH.

B) Hesepro, umo s 3ak0oHuYy npoekm u cOaM IK3AMEH.

r) Y mens 6oicmpolelicmeyrouyuli KOMNbIOMep UAU 1 He 3AKOHUY NpoeKkm 80-
spemsa u coam 3IK3aMeH.

5. TlocTpoiiTe TaGMUIBI UCTUHHOCTH [J1s1 KA¥KJOTO BHICKA3bIBAHUS B yTPaXKHEHUU 3.
6. [ToctpoiitTe TabaMIbl UCTUHHOCTH MJis1 KXKJOTO BHICKA3bIBAHUS B yNpa)KHEHUHU 4.
7. Tlyctb p, ¢ 1 r 0603HAYAIOT CJIENYIONIKE BbICKA3bIBAHUS:

p: 3ma uepa oueHv mpyoHa.

q: H ueparo 8 waxmameot.
r: Hepa 8 uiaxmamor mpebyem spemenu.

WHTepnpeTupy#iTe ciaenyioliue BblpaxKeHUst Kak OObIYHbIE BHICKA3bIBAHHS:

a) gAr;

0) ~p V ~q;

B) (pVr)Ag

r) pAgAT.

8. Ilyctb p, ¢ U r 0603HAUAIOT CJEAYIOUIME BbICKA3bIBAHUSI:

p:  JHoeu — 6oavuiue cobaku.

q: Y mens maseroruli dom.
r: ¥ mens ecmo doe.

[IpencraBbTe cienyrole CUMBOJIMYECKHE BhIPAXKEHHUST KAK OOBIUHbIE BHICKA3BIBA-

HMUSL:

a) pAq A~

) pA(~q Vr~r);

B) (p V~q) AT;

r) (pAr) V(g A~r).

9. TlocrpoiiTe TabMHLIBl HCTUHHOCTH AJ BBICKA3bIBAHWH B yIPaXKHEHUH 7.
10. IloctpoiiTe TabauLbl HCTHHHOCTH IJIs1 BEICKA3BIBAHUHU B YIIpaXKHEHHH 8.
11. TTocTpoiiTe Tabaulbl UICTHHHOCTH IJIs1 CJAENYIOUUX BbICKA3bIBAHUH:

a) pA(qVrr);

6) (qA~r)V(~pAT);

B) ~(pAT)V(~gAT);

r) ~(~pV (g A~r));

n) (pAr)V(pA~q).
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12. TlocTpoiiTe TaBIULBI UCTUHHOCTH AJS CJAEeNYIOLHUX BbICKA3bIBAHUH:
a) (pVa)A(rva)
0) (~qAT)V~(pAT);
B) ~((p A1)V ~q);
r) ~(~pA(gV~r));
n) (pV~r)A~(pVr~g).

1.2. YCNOBHbIE BbICKA3bIBAHUSA

JlonmycTM, HEKTO YTBEpXKAAEeT, UTO €CJH CJAYYUTCS OTHO COOBITHE, TO CJAYYUTCSH H
Ipyroe. TO yTBEPXKAEHHE 3aUacTylo NPUHHMaeT (POPMY YTPO3El, HO MBI PaCCMOTPHUM
6osiee MO3UTHUBHHINA mpuMmep. [Ipenmosnoxkum, oterl roBopuT cbiHy: “Ecau B 3TOM ce-
MeCTpe Thl Clalllb BCe 3K3aMeHbl Ha «OTJIHUHO», 1 KYIJIIO Tebe MalIUHy . 3aMeTbTe,
UTO BBICKa3blBAHHE MMeeT BUI: ecAu p, mo ¢, TAe p — BblCKasblBaHue B amom ce-
mecmpe mol cOQUib 8Ce IKIAMEHb. HA «OMAUYMO», @ ¢ — BBICKA3blBaHUE 4 Kyniro
mebe mawuny. CJI0KHOE BBICKA3blBAHHE Mbl 0003HAUHUM CHMBOJHYECKH Uepe3 p — g.
CnpamuBaeTcst, Ipy KaKHX YCJAOBHSAX OTelLl FOBOPUT MpaBay? IIpenmnosoxuM, BbICKa-
3bIBaHUS P U ¢ UCTHHHBL. B 3TOM ciydae CUacT/IMBBEIE CTYHEHT IMOJydaeT OTJIHMYHBIE
OLEHKH 10 BCeM IpeAMeTaM, W NPHUSTHO YAMBJIEHHBIH OTell NOKYNaeT eMy MallHHY.
EcTecTBeHHO, HU y KOrO He BBHI3bIBA€T COMHEHHS TOT ()aKT, YTO BBICKA3blBaHHE OTIA
6b1710 UCTHHHBIM. OIHAKO CYIIECTBYIOT €lle TPH APYTHX Caydasi, KOTOpble HEOOXOIHUMO
paccmoTpeThb. JomycTUM, CTYAEHT AeHCTBUTEIbHO NOOU/ICA OTJIMYHBIX Pe3y/nbTaToB, a
oTell He KynuJ eMy MamuHy. CaMoe MSITKOe, UTO MOXHO CKasaTb 00 OTLE B TaKOM
clydae, — 3TO TO, YTO OH coJraJ. CienoBaTe/bHO, €ClIH P UCTHHHO, a ¢ JIOXKHO, TO
p — q JoxHO. JloMyCTHM Temnepb, YTO CTYNEHT He MOJYYHJ MOJOKHUTENbHBIE OLEHKH,
HO OTell TeM He MeHee KyIHJ eMy MalidHy. B 3ToM c/iydae orTen mpencraeT oueHb
IIeAPBIM, HO €ro HHKaK HeJsb3sl Ha3BaTh JKeloM. CjieqoBaTesNbHO, eCJIH p JIOKHO H ¢
HCTHHHO, TO BbICKAa3blBaHUe ecau p, mo q (T.e. p — q) uctuHHo. HakoHel, npexnmoJio-
XKUM, 4TO CTYAEHT He NOOMJICS OTJIMUHBIX PE3YNbTAaTOB, U OTEL He KYIHUJ eMy MallHHY.
[TockoJIbKY CTYHEHT He BBINOJIHHJ CBOIO YAacTh COIVIAIIEHHS, OTell TOXKe CBOOOLEH OT
00s13aTeibCTB. TakuM 06pa3oM, ecid p U ¢ JIOKHBI, TO P — ¢ CUATAETCS HCTHHHBIM.
Hrak, eqMHCTBeHHBIH cjydyai, KOria oTel COJraj, — 3TO KOTZAa OH Aaj ofellaHue U
He BBINOJIHUJ €ro.
Takum 06pa3om, Tab/aULa HCTHHHOCTH JJISI BBICKA3BIBAHUS P — ¢ UMeeT BUI

Cayuati p q |p—q

CUMBOJI — Ha3bIBaeTCs UMnaAukKayueld, Uiv Ycao8HOU C8A3KOL.
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Eme OOHHUM IIpUMEpPOM, KOTOprfI MMOATBEPXKAAET Ta6JIHU,y HCTHUHHOCTHU MOJIA HUM-
IJINKAIIMH, SBJSETCHA BbBICKA3bIBAHHE

Ecau uenoe uucro pasHo 3, mo eco Ksadpam paser 9.

KoneuHo, »xesiaTesibHO, 4TOOBI 3TO BbICKa3biBaHHE OblI0 UCTHHHBIM Beerna. [lyctb p —
BbICKa3biBaHUe [lesoe uucao paswo 3, a ¢ — BhiCKasbiBaHuWe Kgadpam yenroeo uucia
paser 9. Ecnu p v ¢ WCTHHHBI, TO 1[eI0€ YUCJIO PaBHO 3 W €ro Kpajapart paBeH 9.
ITO COOTBETCTBYET MepBOH CTPOKe TabaMLbl UCTHHHOCTH. Ecau Lesoe yncsao paBHO
—3, TO ero KBajapar Mo-mpexHeMy paBeH 9. B 3ToMm ciyuae p JIOXKHO M ¢ HCTHHHO,
YTO COBMAagaeT CO CAydyaeM 3 U MOATBEPXKAAET MPaBUJIbHOCTb TPETbEH CTPOKH TabJIu-
ubl. Eciu nesoe uncio paBHO 4, TO JIOXKHBL U P, U ¢, YTO COOTBETCTBYeT cJaydaio 4.
ITUM MOATBEPKAAETCS MPABUJIBHOCTh YETBEPTON CTPOKU TaGJHUIIbl. 3aMETHM, YTO CJIy-
yail 2 3ecb He MMeeT MeCcTa, HO BO BCeX IPYTHUX CjyuyasX 3Ta Tabjula HCTHHHOCTH
obecrieunsia HaM KeJlaeMblil pe3ysbTar.

MoxxeT mokasaTbCsi, YTO p — ¢ HOCHT XapakTep MPUUUHHO-CJAEACTBEHHON CBSI3H,
HO 3TO He siBJisieTcsl Heo6xoauMbiM. UTOOB! YBUIETh OTCYTCTBUE MPUUHHBL U CJEICTBHUS
B UMILJIMKAL[MH, BEPHEMCSI K IPUMEPY, B KOTOPOM p €CTb BbiCKasbiBaHue [[ucetin ynpas-
asem asmomobusem, a ¢ — yTBepxKIeHue ¥ boba pyceie gosocer. Torna BrICKa3bIBa-
uue Ecau [owceiln ynpasasem asmomoburem, mo y boba pycoie 8040chl 3aNUILIETCS
KakK

eCJii P, TO ¢

WU KaK
p—4q.
, uTo JIxKelH ynpaBJsieT aBTOMOOUJIEM, HUKAK IPUUMHHO HE CBSI3aHO C TeM, UT
To, uto e aBJIsIeT aBTOMOOUJIE a 0 He CBSI3AHO C Te o bo6
pycoBoJiochi#i. OnHAKO HYXKHO MOMHHTb, UTO HCTHHHOCTb WJIH JIOKHOCTb OMHAPHOTO

CJIOXKHOTO BbICKA3blBAHHS 3aBHCHUT TOJbKO OT UCTUHHOCTH COCTABJISIIOUIMX €ro yacTel
W HE 3aBHUCHUT OT HaJM4UAd WUJHU OTCYTCTBUSA ME2XKAY HUMHU KaKOH-JTHO0 CBSI3H.

NPUMEP 1.2. Tpebyercs HaliTH TabJHLy HCTUHHOCTH OJiS BBIPA’KEHHS

=g N(g—r).

Hcnonbaysa Tabnnily MCTHHHOCTH [J11 —, IPUBEEHHYIO BhIlIe, IOCTPOUM CHavaJja
TabJMHLBl HCTHHHOCTH s (p — ¢) U (¢ — ), YUUTHIBasi, YTO UMILIHKALKS JI0XKHA
TOJIBKO B cayuae, Korga 1" — F.
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Teneppb ucnonb3yeM Tabauuy Ajsi A, 4TOObl MONYYUTh AJSI BbICKA3bIBAHHUS

(p—=a)N(g—r)

TabJUIYy UCTUHHOCTU

@]
5
2

2

<]

=
i)
Q

ﬁ
)
|
&
>
)
!
2

.......................................................................................................... 0

BrickasbiBanue Buaa (p — q) A (¢ — p) ob6o3Hauaetcst yeped p < q. CUMBOJ
HasbiBaeTcs akeusaneryuei. O4eBUIHO, TaONULA HCTHHHOCTH IJs (p — q) A (¢ — p)
onpenessieT TabJULy HCTHHHOCTH IS P < .

HernocpeacTBeHHO U3 Ompe/ieieHHs] BHITEKAET, UTO SKBHUBAJIEHIIMSI HCTHHHA TOJBKO
B c/Iyuae, KOTa p U ¢ UMEIOT OIMHAKOBblE HCTHMHHOCTHBIE 3HAYEHHS.

MoxeT BO3HHKHYTH BOIPOC O TOM, KaK HHTEPIPETUPOBATH TAKHE BbIPAXKEHHS,
Kak ~pVq, pAqVT,pAq— T HUPAQ <> gV, BKOTOPEIX OTCYTCTBYIOT CKOOKH. Bo
136exKaHKe HeOHO3HAYHOCTH JIyUllle BCET/ia HCI0/Ib30BaTh CKOOKH. ONHAKO 3/1eCh, KaK
¥ B anreGpe, HMeEeTCsl TIPHOPUTET BHITIOJHEHHsT onepaliid. Onepainy BBITOJIHSAOTCS B
C/IeyOLIeH MOCIeN0BATENBHOCTH: ~, A, V, — U <. [103TOMYy yKa3aHHbIe BbIparKeHHsI
MOXKHO MHTEpPIpeTHpoBaTh Kak (~p)Vq, (p Aq)Vr, (pAq) —ru (pAqg) < (gVr).

B YIIPA2KHEHUA

1. IlycTb p, ¢ U r 0603HAYAIOT CJEAYIOLIHE BbICKA3bIBAHUS:
p:  OH Kynum xomnoromep.
q: Ow 6ydem npazoHosams 8ci0 HOUb.
r: OH soiuepaem 6 somepero.
3anuimTe cleryolide BHICKa3bIBAHHUSA B BHIE CHUMBOJIHUECKHX BBIPayKEHHH:
a) Ecau on sviuepaem 8 romepero, o Kynum xomnvromep u 6ydem npas3oHo-
8amb 8CIO0 HOUb.
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0) Ecau oM He Kynum Komnviomep, mo u npas3o0Ho8amb 8Ci0 HOUb He bydem.

B) Ecau on sviuepaem 8 somepero, mo 6ydem npa3oHOBaMb 8CHO HOYb U eCAU
OH He Bbluepaem 8 A0mepero, mo He KYynum Komnvromep.

r) Ecau on He sviucpaem 8 somepero uiu He Kynum KOmnvtomep, mo npaso-
HOBAMb 8CIO HOUb He bydem.

2. Ilyctb p, ¢ 1 r 0603HAYAIOT CJeYIOLIMe BbICKA3bIBAHHUS:
p:  OH uumaem KOMUKCHL.
q: Ow awobum HayuHyro parmacmuxy.
r:  OH — yueHblii-uHpopmamux.
3anuinuTe Caefyiollde BHICKa3biBAHUS B BHJE CUMBOJHUECKHX BbIPaXKEHHH:

a) Ecau oH yumaem KOMUKCObL U AOOUM HAYYHYHO (PaAnmacmuky, mo OH —
YueHbll-urpopmamux.

0) Ecau oH He yumaem KOMUKCOL U He AOOUM HAYYHYIO0 QAHMACMUKY, MO OH
He ABAAEMCS YUeHbIM-UHDOPMAMUKOM.

B) Ecau on uumaem KOMUKCbL, MmO OH aobum HAYUHYIO Lpanmacmuicy u ecau
OH He Humaen KOMUKCbL, MO OH — yttenbtﬁ-urtqbopmamuic.

r) Ecau on — yuenvili-ungopmamuk, mo OH yumaem KOMUKCbL UAU OH He
A00UM HAYUHYIO QAHMACMUKY.

3. Ilyctb p, ¢ u r 0603HAYAIOT CJEQYIOMINEe BbICKA3bIBAHUS:
p:  Emy npasamcs ¢uoremosoie eaicmyKu.
q: Ow nonyaapen.
r: Y Heeo cmpanHble OpYy3ba.
3anuiure caefyiollde CHMBOJIMUECKHE BbIPAXKEHHUS] B BUJE BbICKa3blBaHUI:
a) (pAg) —
0) ¢ — ~r;
B) p— (qVr);
r) (p— ~q)A(g—r).
4. Tlyctb p, ¢ ¥ r 0603HAYAIOT CJIEAYIOIIHE BbICKA3bIBAHHUS:
p: Ox ydaurus.
q: Ou nonyaapen.
r: Own 6oeam.
3anuiuTe CAeayoliie CHMBOJIUYECKHE BbIPaXKeHHsT KaK BbICKA3bIBAHUS:
a) ~(p — q);
0) (pVr)—q
B) ¢ = (pAr);
r) (p—q) A(~r — (~p V).
5. TNoctpoiiTe TabaKMLbI KHCTHHHOCTH AJISI CJAEAYIOMIMX BbIPaXKeHHH:
a) (p—q —r;
6) p— (g —r1);
B) g — (pAr) = ((g—=p)Alg—1));
r) (p—q)Vr)— (~pVr~g).
6. [TocrpoiitTe TabJMHIIbl HCTUHHOCTU MAJis1 CJEAYIOLIUX BbIPAXKEHHUE:
a) (p—q)—(g—r);
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0) (p—q) V~(rAg)
B) (pVr)—(pAa)
r) ~((p—q) Aor) = (p V)
1) ((p—q) AN~(rVp)) = (~pV~q).
7. TocTpoiiTe TaGMULbl HCTHHHOCTH JJIsSI CJIAYIOIIMX BblpaKeHHE:
a) (p—q) < (~q— ~p);
6) (p A~(q V~r)) < (p—q);
B) (pVr)—g
1) (p—q)A(g—~r)) — (r—p)
n) (pA(gVr)—((pAg)V(pAT)).
8. IlocTpoiiTe TabIULBI UCTUHHOCTH AJS CJELYIOLUIMX BbIpaxKEHHUH:
a) (~(p A~r)Vg) = (qVr);
6) ~((p A~q) V1) < (r—q);
B) (~(p—q) = (g—1));
r) (pVa)Alp—r);
n) (pvr)—q)—((p—=aVip—r)).
9. YKa}KI/ITe, KaKHe U3 CJAeAYIoIInuX BLICKA3bIBAHUH SIBJSIIOTCS UCTUHHBIMHU:
a) Ecau 22 =4, mo 3% = 9;
6) Ecau 22 =5, mo 32 =09;
B) Ecau 2° =5, mo 3% = 10;
r) Ecau 22 =4, mo 3% = 10.

10. Tabnuia UCTHHHOCTH MPOCTOrO BHICKA3bIBAHHS COIEPIKHT J1BE CTPOKH. BhIcKashi-
BaHHE, COCTOsALLEE U3 NBYX KOMIIOHEHT, UMEET Ta6JII/ILIy HUCTUHHOCTHU U3 qupreX
CTpOK; CJIO2KHO€ BbICKAa3blBAHHE, COCTABJIEHHOE U3 TpeX HpOCTbIX, nmeeT Ta6JII/IU,y
HUCTHUHHOCTHU U3 BOCbBMHU CTpOK. CKOJ'[bKO CTpOK COﬂep)KI/IT Ta6J'[HU,a HUCTUHHOCTHU
BbICKa3bIBAHUSA, COCTOALLEr0 U3 LIeTpreX KOMHOHeHT? A €CJIM BbICKA3blIBAHHE CO-
CTOMT M3 1 KOMIIOHEHT?

1.3. 9KBUBAJIEHTHbIE BbICKA3bIBAHUA

Oco0blil HHTEPEeC NPeNCTaBJSIOT CA0XKHBIE BBICKA3bIBAHHUS, HMEIOIIHe PA3JIUYHOE CTPO-
eHHe, HO SIBJISIOLIHECS UCTUHHBIMH B OMHHUX W TeX Ke caydasx. Takde BbICKa3bIBaHHS
Ha3blBAIOTCS JI02UHECKU 3KBUBAJIEHMHbIMU. DKBUBAIEHTHOCTh ABYX BBICKA3bIBAaHHUH
JIErKO YCTAHOBUTB TOCPENCTBOM CPaBHEHHS HUX TaOJHI[ HCTHHHOCTH.

Hamnpumep, nycts p U ¢ 0603HAUAIOT BHICKA3BIBAHUS

p: Ceeo0us uiesr 00xOb.
q: Cecodns wien cHee.

paCCMOTpI/IM CJIO2KHBI€ BbICKA3bIBAHUA

Hesepro, umo ceeoous wen 0oxncdo Uil cHee,
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HWJIHU CUMBOJIMUECKHU
~(pVaq),

Ceco0ms He wien 0oxcOb U cecO0HS He Uiea CHee,

HUJIH CUMBOJIMYECKH

HOCTpOI/IM TabJUIbl UCTHHHOCTH /151 060X BbICKa3bIBAHHH.

Cryuaii p q |~ (pVqg |~p A ~gq
1 T T|F T F F F
2 T F|F T F F T
3 F T|F T T F F
4 F F|T F T T T
* fia

Hrak, Bo BCex YeThipeX CTPOKAX HUCTHHHOCTHBbIE 3HaueHus AJas ~(p V q) (o6o-
3HayeHHble *) U Ayt ~p A ~q (0603HaueHHble #) coBmamamT. DTO 0O3HAYaEeT, UTO ABa
paccMaTpUBaeMbIX BbICKA3bIBaHUS JIOTHUECKH SKBUBAJEHTHEI, T.€.

~(pVq) = ~p A~q.

DKBHBAJIEHTHOCTh — OUYE€Hb M0JIE3HOE CBOHUCTBO; HCIO/B3Ys €r0, MOXKHO CTPOHTD
OTpHIlaHHE BHICKA3bIBAHHH C “MJIK”, OCYIIECTBJsISI OTPHIAHWE KaXKAOU H3 ero yacrei
U MeHsig “Wan” Ha “n”.

C yC/IOBHBIM BBICKa3blBaHUEM — HMIIIMKAlUEH p — ¢ — CBSI3aHbI €llle TPH THIA
BBICKA3bIBAHUI: KOHBEpCUA, UHBEPCUA U KOHMPANo3uyus BbicKasbiBaHus p — ¢. OHH
OTPENEJSTIOTCS CJAEAYIONUM 06pasoM:

p—q  HUMIUIKKALHUA
q — p  KOHBEpPCHS BBICKA3bIBAHUS p — ¢

~p — ~q HWHBEPCUS BbICKA3bIBAHUA P — ¢

~@ — ~p KOHTPANO3HULHs BBICKA3bIBAHUS P — ¢

[Iycte nmaHo BbICKa3bIBaHWe-UMIIUKAUUS Ecau oW uepaem 8 ¢pymbos, mo OH
nonyaspex. s 3TOH UMIIMKALIUA HMEEM:

KOHBepCHS: Ecau on nonyasper, mo ox uepaem 8 ¢pymbos
UHBEPCHSL: Ecau on He uepaem 8 ¢ymboa, Mo OH He Nonyasapex
KOHTpAno3ulusi: Ecau OH He nonyasapex, mo ox He ucpaem 8 pymbon

BakHo moHHMaTh, 4TO BbICKasbiBaHUs Ecau ox scusem 8 [empoiime, mo o6
Hasecmum e2o 1 bob nasecmum eeo, ecau oH scusem 8 [Jempoiime 10 CyTH SBJISIOTCS
OJHUM M TeM »Ke BhicKasbiBaHHeM. OgHako BbicKasbiBanue Ecau bob nasecmum eeo,
mo ou scusem 8 [lempoiime He COBNAfaeT C TMPeNblIYLUIUMU BBICKa3biBaHUsIMH. He
BaXKeH MOPSIIOK, B KOTOPOM p U ¢ MPHUCYTCTBYIOT B MPENJIOXKEHHH, a Ba)KHO, Kakasi
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YacTh MPENJIOXKEHHS SIBJSETCS YacThlo “ecsM”, a Kakas 4acTb SIBJSETCS 4acTblo “To”.
Moxet nokasaTbcs, 4TO [IPH 3aMeHe ecAu p, Mo ¢ Ha ¢, ecAu p ToJydaeTcst KOHBEPCHS,
HO C JIOTUYECKOH TOYKH 3pEeHHs IOoCcJe[Hee BbICKA3blBAHHE COBNAJAeT C HCXOAHBIM.
Yactb (k) TeopeMbl, KoTopas OyneT cOpMY/JHpOBaHA HHXKe, TOBOPUT O TOM,
UTO MMIIMKALHSl U ee KOHTPAINO3HLIHS JIOTHUECKH 3KBHBaJEHTHbl. DKBUBaJEHTHOCTb
U KOHTPAMNO3HLHMSl YCJOBHBIX BBICKA3bIBAHUH HMMEIT B MaTeMaTHKe OoJibllIoe 3Haye-
HMe. 3auacTyl Topasjo Jerde JoKasaTb TeOopeMy OT IIPOTHBHOrO, 4eM HaTb ee Ips-
MOe JI0Ka3aTesbcTBO. Mcrnonb3ysl 9KBHBa/JEHTHOCTb HMIVIMKALHMK U €€ KOHTPAMO3HUIIHH,
HEeTPYAHO N0KAa3aTh, UTO KOHBEPCHS W MHBEPCHUS HUMILIMKALUW HMEIOT OfHY U Ty XKe
TabJUIy UCTHHHOCTH. B TO »Ke BpeMmsi UMIIMKALWs U ee KOHBepcHsl (MJIM MHBEpPCUs)
UMeIOT passinyHble TabJMLbl UCTMHHOCTH. HermoHuMmaHMe 3TOro (pakta — HCTOUYHHK
pacnpoCTpaHeHHBIX OLIMOOK B TaK Ha3bIBAeMBIX ‘JIOTHUECKHX PaCCyKAEHHSX.

TEOPEMA 1.3. Hcnosb3yst TaG/auIbl ICTUHHOCTH, MOXKHO J[0Ka3aTb CJAEAYIOLIHUE JIO-
FAYeCKHe 3KBHUBAJIEHTHOCTH:

a) 3akonbl udemnomenmuocmu

PADP=Dp;

pPVp=p.
0) 3akon d6oiinoz0 ompuyanus

~(~p) =p.

B) 3arxonst de Mopeana
~(pVaq) = ~p Arg;
~pAg) = ~p Vg

r) Ceoiicmsea KommymamusHocmu

PAG=qADp;
pVqg=qVp.
n) Cesolicmea accoyuamusHocmu
pA(GAT)= (A AT;
pVigvr)=({@VagVr.
e) Ceoiicmea ducmpubymusnocmu
pA(gVr)=(@AgV(pAT);
pVgAT)=({@VaApVr).

XK) 3aKoH Kormpano3uyuu
Pp—q=~qg—~p.
3) Apyeue none3nvie ceoticmea

p—q=~pVg;
p—=qg={pP—q N(g—Dp).
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OTMmeTuM, 4TO Garofapsi CBOUCTBY aCCOLMAaTHBHOCTH BbICKa3blBaHUs (PAG) AT U
pA(gAT) MOTYT ObITh 3aMUCaHBl B BUie p AgAr. AHanoruuHo, (pVq)Vr upV(gVr)
MOKHO 3alMcaThb MPOCTO Kak pV gV r.

BbickasbiBaHHe, HCTUHHOE BO BCEX CJyYasiX, Ha3blBaeTCsl I02UHECKU UCMUHHbIM,
WM maeémoJiozuet; BbICKa3blBaHHe, IOCTPOEHHOE TaK, UTO OHO JIOKHO B KaXK/OM CJIy-
Yae, Ha3bIBAETCS JIO2UYECKU JIONCHBIM, NN npomusopeduem. TeopeMsl B MaTeMaTHKe
SIBJISIIOTCS TIPUMepPaMH TaBTOJIOTHH. DblsIo 6B HEMPHUATHO CO3HABATh, YTO MaTeMaTHUe-
CKHe TeOpeMBl CIIPaBeMJIUBEI, K NpHUMepy, Toabko B 80 mponeHTax ciaydaeB. Boickasel-
BaHue Ow cdacm uiu He coacm 3K3ameH eCTb TIPUMEpP TABTOJIOTMHU, MOCKOJBKY JHO0
OflHO coObITHe, JHO0 Apyroe o6s3aTesbHO NOJKHO HMeTb MecTo. Kakgoe BblCKasbl-
BaHue BUAa p V ~p — TaBTogorus. llekenup nosxeH Obl1 Obl NPOBO3MVIACUTh: “BEITH
WK He ObITb, 3TO U ecThb TaBToJiorus’. BrickaseiBanue Ecau cdacm, mo cdacm —
TOXKE TaBTOJIOTHS, XOTS OHO M He oT/iH4aercs rayOuHodl. Ilpumepom TaBTOsIOrMH SIB-
JsieTcsl BbICKasblBaHue Ecau on 6oeam u yodauaus, mo oH yodauarus. BrickasbiBaHHe
Ona dsuscemcs 8 Hanpasienuu Texaca u oHa He Osuscemcs 6 nanpasieHuu Texaca
BCeraa JIOXKHO, T.K. HeJIb3sl [leslaTb ONHOBPEMEHHO U TO, U Apyroe. CiefoBaTe/IbHO, 3TO
MPOTHUBOPEYHE.

PaccmoTprM BblcKa3piBaHHE BHAA

eANpP—q)—q.

EMy COOTBETCTBYET Tab/Ha UCTHHHOCTH

Crywati p ql|l(p N (P—q) — ¢q

Crousber;, 0003HaUEeHHBIA 3BE3I0YKOH, NAeT HCTUHHOCTHBIE 3HAYEHHUS HCXOIHO-
IO CJO0XHOIO BbICKa3blBaHMS. BricKa3biBaHWE HUCTHUHHO BO BCEX YeThbIpeX BO3MOXKHbBIX
cJyyasx, cleloBaTesNbHO, SBJsSEeTCS TaBTOJOTHeEH.

Wwmes: nornyeckd HCTUHHOE BBICKA3BIBAHHE-TABTOJOTHIO, JIETKO MOCTPOUTH JIOTH-
YeCKHU JIOXKHOEe BbICKa3blBaHHe-NpoTHBOpeure. /s 3TOro 10CTaTOYHO B3SITh OTPULIAHKE
JIOTUUECKH UCTUHHOrO BbiCKa3biBaHUS. [103TOMY BbiCKa3biBaHHe

~((pAN(—q)—q)

JIOTHUECKH JIOXKHO.

JlaBaiiTe Tenepb pacCMOTPHUM HEKOTOpHIE CBOHCTBA, CBSI3aHHbIE C JIOTHUECKH HC-
TUHHBIMH W JIOTHUECKH JIOXKHBIMU BblCKadbiBaHUsIMU. IlycTb cumBos T o6osHauaer
BBICKA3bIBaHHE, KOTOPOE e€CThb TaBTOJOTHUS, T03TOMY HMeeT TabJULy UCTHHHOCTH, CO-
crosimyto u3 opHux 1. CumBosom F 0603HauWM NPOTHBOpeYHe, T.€. BBICKA3bIBAaHHE,
TabJua UCTUHHOCTH KOTOPOT'O COXEP:KUT F' BO Bcex cTpokax. Mcmosbsysi Tab/uibl
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HCTHUHHOCTH, MO2KHO II0Ka3aTb, UTO

p N T = p,
p N F = F,
p v T =T,
p VvV F = p,
p N ~p = F,
p vV ~p =T,
p — p = T.

B Ka>XI0M BBICKAa3blIBAHHH MOXKHO 3aMEHHUTb .H}Oéy}O €ro KOMIIOHEHTY Ha JIOTU-
YeCKH 3KBHBAJIEHTHOE el BbICKa3bIBaHHUE. HOJIy‘-IEHHOE B pe3yJbTaTre TaKOH 3aMeHbI
BbICKa3bIBaHHE 6y11€T JIOTUYECKH 3KBHUBAJIEHTHO UCXOAHOMY, MMOCKOJbKY UCTUHHOCTHOE
3HaueHHe BLICKA3bIBAHHUSI 3aBUCHUT HCKJKUYHUTEJbHO OT UCTHUHHOCTHBIX 3HAUeHHUH CO-
CTaBJ/IAIOIINX €ro KOMIIOHEHT (HO He OT UX (bOprI HJIn C.}'IO)KHOCTI/I). HaanMep,

(gvVr)V(ipA~r) = gV (rV(pAe~r)= CBOMCTBO aCCOLUATUBHOCTH
= qV((rvp)A(rVv~r)) = CcBOHCTBO NIHCTPUOYTHBHOCTH
= qV(rvp)AT) = 5KBUBAJIEHTHOCTh
= qV(rvp) = 5KBUBAJIEHTHOCTh
= qV(pVvr)= CBOMCTBO KOMMYTaTHBHOCTH

CBOHCTBO aCCOLMAaTUBHOCTHU
CBOMCTBO KOMMYTaTHBHOCTH

I
SN
< <
8=
< <
< 3

31ech MBI BIIepPBBIE WCIOJb30BAIN 3aKOHbI JIOTHKH U (PUKCHPOBAHHOE MHOKECTBO
“UCTUHHBIX BBICKA3bIBAHUN  1J151 06pa30BaHHUsI HOBBIX “UCTHHHBIX  BBICKA3BIBAHHUH.

YcJ/I0BHBIE BBICKAa3bIBAHUSI MOTYT BBIPaXKaThCsl B BUJE Pa3/JUUYHBIX SI3bIKOBBIX KOH-
CTPYKLUHH, HO CHMBOJIMUYECKH BCE OHH 3alUCHIBAIOTCI Kak p — ¢. BOT HeCKOJbKO
MPUMEPOB TAKUX KOHCTPYKIMH:

Ecau p, mo q.

p docmamouro 045 q.
p A8Asemcs 00CMamouHbim Ycio8uem OAs .

q Heobxo0umo 05 p.
q A8as.emcs HeobXo0UMbIM YCAOBUEM OAS P .

D, MOAbLKO ecau q (Ui MOALKO eCcAl ¢, Mo D).

Tabauna aasi p — ¢ MoKasblBaeT, YTO €CJH p — ¢ UCTHHHO W p MCTHHHO, TOrAa
¢ NOJI)XHO ObITh HCTWUHHBIM, T.e. HCTHHHOCTb p JOCTATOUYHA IJIT UCTHHHOCTH ¢. [lo-
3TOMYy p 0docmamouHo OAs ¢ UMeeT TOT Ke CMBICH, 4TO U p — ¢. Takum obpasom,
€CJIU ¢ JIOXKHO U q Heobxo0umo 045 p, TOTAA p NOJXKHO ObITh JOXKHO. [losaTomy, eciu
~q WCTHHHO, TOTJA ~p MOJKHO ObITb UCTHHHO U ~q — ~p. Ho mocjenHee BbIpaxke-
HHe — KOHTPAIMO3UIMS JIJIs p — ¢; CJAeNOBaTeJbHO, ¢ He06X00uMO O D UMEET TO XKe
3HauUeHHe, UTO U p — q.

Ananus 3HaueHUss p MOALKO ecAu ¢ TPOBOAUTCS aHasornyHo. [losydaem, uto p
MO>KET ObITb HCTHHHBIM, TOJbKO €CJH ¢ UCTHHHO. Ec/iM ¢ He UCTHHHO, TO p He MOXKET
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ObITh UCTHHHBIM. Ho 3TO 9KBHBa/NeHTHO YTBEPXKIEHHUIO, UTO €CJU ~q UCTHHHO, TO ~p
JOJI?KHO OBITb HUCTHHHO U ~q — ~p. [locnenHee ecTh KOHTPANO3ULHS BbICKA3BIBAHUS
P — ¢, IO3TOMY P MOALKO eCAu ¢ WUMeeT TO »Ke 3HaueHHe, YTO U p — q.

PaHee 6bl710 ycTaHOBJIEHO, UTO MOPSIAOK MPOCTBIX BHICKA3bIBAHUH B COCTaBE YCJIOB-
HOTO BBICKA3bIBAaHHUS He MMeeT 3HaueHHs]; BaXKHO TO, KAKO€ U3 MIPOCTBIX BBICKA3BIBAHHUH
cyenyeT 3a ecau (MM B JaHHOM CJlydae moOAbKO ecau), a Kakoe cienyer 3a mo. [lo-
3TOMY YTBepxkJeHus1 To4bK0 Hakonusg denee, ®©pad cmoxcem nocmynums 8 KOALEONH
u @pad cmozxcem nocmynume 8 KOAALONHC, MOALKO eCAU HaKonum Oeree pacCMaTpH-
BalOTCS KaK OIHO M TO K€ BbICKa3blBaHHE.

MPUMEP 1.4. IlpuBenute cienyiollie BbICKA3BIBAHHS K BULY P — ¢ WIH ¢ — P

a) Owu dobvemcs ycnexa, moavko ecau 6ydem ycepOHo pabomame.

6) Own cuacmaus, MoAbKO ecAu ynpasisem asmomobuiem.

B) Haauuus Oenee docmamouno, umobol 6bimb CUACMAUBLIM.

r) Haaiuuue denee Heobxo0umo, umobovl Gvlmb CHACMAUBBIM.

) Ymobor nobedumos Ha 8o160pax, HY*HO HAOPAmMb 0OCMAMOUHO 20A0CO8.

OrtBer:

a) Ecsu yepes p 0603HauuTh BhickasbiBanue On dobvemcs ycnexa, a yepes ¢ — Ox
6ydem ycepdro pabomamo, TO BEICKA3BIBAHUE eCAU P, MO ¢, UIH P — ¢ TIPUMET
Bun Ecau on dobusaemcs ycnexa, mo ox pabomaem yceporo.

6) Ecnu p obosnauaer On ynpasasem asmomobuirem, a ¢ — Ow cuacmaus, TO
BBICKa3bIBaHUE ¢ MOALKO eCAl p, WK q¢ — p UMeeT BUI Ecau on cuacmaus, mo
OH Ynpasasem asmomobusLem.

B) Ilycth p oGo3HauaeT ¥ Heeo ecmwv dewveu, a q ectb On cuacmaus. Torma BbI-
CKasblBaHHE P NOCTATOUHO MJISl ¢, UJIH p — ¢ MOXKET OBbITh 3amucaHo Kak Ecau y
Heeo ecmb OeHbel, OH CHACMAUSB.

r) IlycTtb p o6o3HauaeT ¥ Heeco ecmov denveu, a q obo3Hauaetr On cuacmaus. Torna
BBICKa3blBaHUE p He0bx00umo O q, WId q — p OymeT uMeTb BUA Ecau oH
cuacmaus, mo y Hezo ecmo OeHbel.

) Ilycts p obosnauaer On nobedum Ha 8vibopax, a q obosHauaetr OH noAy4UUmM
docmamouroe KoAU4ecmeso 2040C08, TOTIA BhICKa3biBaHUe ¢ Heobx00umo 045 p,
WJIM ecAu p, Mo q, WIH p — g MOXKeT ObITh 3amucaHo B Buie Ecau on nobedum
Ha 8bl6opax, Mo Ox NOAYYUM OOCMAMOUHOe KOAUUECMBO 20A0CO8. O

BepHeMcsi K pacCMOTPEHHIO JIOTHUECKOH CBSI3KH <. [10CKO/IBKY BBICKA3biBaHMsI
BUIa p <> q U (p — q) A (¢ — p) JOTMUECKH 3KBUBAJEHTHH, TO p <> ¢ O3HauaeT
TO K€, UTO U p moeda U MoAbKO mozda, Koeda ¢, WK p ecAu U MOAbKO ecAu (.
[TycTb, Hanpumep, p o603HaYaeT BeICKa3biBaHue [ocum Oydem uepame 8 ¢ymbor, a
q — BbICKa3biBaHUe [ucetin opeanusyem noddepicky 3pumeneil. Torna p < q MOXKeT
ObITb BBIPAyKEHO KaK

Hocum 6ydem uepame 8 ymoboA, ecau U MOAbKO eCAl
Hoceiin opeanusyem noddepicky spumeiet.

CJIGB,YIOLU,I/IQ S13bIKOBbI€ KOHCTPYKIIUH, BbIpaxKalollrie 3KBHBaJIEHLIUIO BbICKA3bIBa-
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HUHU P <> ¢, PABHOCUJIbHBIL:

D ecAu U MOAbKO eCAu .
p Heobxo0umo u docmamouro 04 q.
p ecmb Heobxodumoe u docmamouroe ycrosue 045 q.

[TycTh mMeeTcs1 BHICKa3biBaHUE
Com uepaem 6 20av¢h moeda u mosvko moeda, Kozda menio ,

Torga OxKHpgaetcs, 4YTO €CJHu 6y,U,ET TerJio, TO Mbl YBUIUM CaMa, urpamouiero B FOJIbq),
u ecau Cam UTpaeT B I‘OJIbClL), TO 1nioroja, 663y€J’IOBHO, TerJiasa.
Touno Tak XKe, eCJIM UMeeTCsd BbICKAa3blBaAHHE

Boimoe cuacmausoim sgasemcs Heobxo0umoim u 0OCMAMOYHbIM YcA08UEeM, YMObbL
6oimo yoauausoim

TO UMEEeTCd B BUAY, UTO €CJH ,H)KOH CHaCTJMBYHUK, TO OH U yAa4dJHB, a €CJan ﬂ)KOHy
Be€3€eT, TO OH, KOHE4YHO, CHACT/IMBUYHUK.

B YIIPAZKHEHHUA

1. Mcnonb3ysi Tabanibl UCTUHHOCTH, TOKAXHUTE CJEIYIOlHe SKBUBaJEHTHOCTH:
a) 3akoH ne MopraHa
~(pANg) = ~pVr~q.

6) CBOHCTBO aCCOLMATHBHOCTH CBSI3KH V
pViqgVvr)=(VagVr.
B) CBOHCTBO AUCTPUGYTHUBHOCTH CBSI3KH UAL OTHOCHTEJBHO U
pVigAr)=(@VaApVr).
r) DKBHUBAJEHTHOCTb UMILIMKALUH H BHICKA3BIBAHUS CO CBSI3KOU UAL
p—q=~pVg.

2. Hcnonbays myHKT (r) TpeabloylLIero yrpaxKHeHHs, MOKaXKUTe, YTO OTPHLAHHE
JIJIST p — ¢ 9KBHBAJIEHTHO P N ~q .

3. Panee ObliM paccMOTpeHBl CBSI3aHHblE MeXAy COOOH YCJOBHBEIE BbICKAa3bIBAHUS,
BKJIIOYAIOLIHME B KauecTBe KOMIIOHEHT BbICKa3blBaHHS p U ¢. VIMU gBJA/HCH

p—q HUMILJIHKALIKS,
q—Dp KoHBepcus (s p — q),

~@ — ~p KOHTpamo3uuus (ajas p — q),
~p — ~q uHBepcus (Ias p — q).

Hcnonb3ys Tabnubl HCTUHHOCTH, AOKAXKUTE, UTO

P—qFEq—D.
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o

1.4.

VImnyiukaiusi SKBUBaJeHTHA CBOEH KOHTDAMO3HIIMU, HO HE KBHBaJIeHTHa CBOEH
KOHBepcuH. YacTo HCroJsib3yeTcsi BhIpaXkKeHHe ecau p, mo ¢, u Haobopom. Ha
CaMoM [ieJie 3TO O3HAUYaeT ecAu p, Mo ¢, U ecAl ¢, Mo p, UIn

P—a)A(@—p),
YTO 3KBHUBAJEHTHO P <> ¢, WIH P, eCAu U MOAbKO ecau ¢. JloKa)KuTe, 4TO
p — q = ~q — ~p, He UCIOJNb3Yysl HEMOCPENCTBEHHO TaGNUIILI HCTHHHOCTH.
Ha ocHoBaHMM 3TOrO pe3ysbTaTa NOKaXKHUTE, UTO HHBEPCHS UMIIUHKALUN IKBHBA-
JIEHTHa €€ KOHBEpPCHH.
HMcnosb3ysi JIOrHUeCKH 5KBHBaJIeHTHbIE BHICKA3bIBAHUS U He MPUMEHSIST HEMOCpe -
CTBEHHO TaOJHUIBI HCTUHHOCTH, MOKaXHUTE, YTO
a) p= ~(pAs)— (~sAp).
6) ~(p—q)=(p A~q) V(g N~p).
[Ipeo6pasyiitTe cnenyiolire BbICKa3bIBaHUS K BULY €CAU P, MO (-
a) Own Kenmasp, MOALKO eCAlU OH uMeem uiecmob HOe.
0) YmoboL 6oimb npeycnesarouyum NOAUMUKOM, HYHIHO Oblmb U3GPAHHbIM.
B) [ocmamourno umemo Oenveu, umobo. Gvlmb NONYAAPHLLM.
[Ipeo6pasyfite cnemyiomye BHICKa3bIBAaHUSA K BUILY €CAU P, MO -
a) Heobxo0umo umems winrem, umobol uepamo 8 amMepuUKanHcKuil ymoéoa.
6) Toavko ecau s wumaro Lllexcnupa, s aumepamypHo o6pa308an.
B) a5 meus coamo amom Kypc 0OCMAmouHo, umobol NOAYHUUMb OUNAOM.
MaHo BbIcKa3biBaHUe Ecau s 2040CYyi0, MO 51 XOPOwLLLl eparcOarun.
a) ChopmynupyiTe KOHBEPCHIO 3TOTO BbIPAXKEHHS.
6) CdopmynupyiiTe UHBEPCHIO 3TOrO BbIPaXKEHHS.
B) Chopmynupy#iTe KOHTPANIO3ULHIO 3TOTO BbIPaXKEHHSI.

Jlano BbIcKa3biBaHue Ecau s He 6ydy svinaauusamos ccyody, y mexs ombepym
yuacmox.

a) ChopmynupyiiTe KOHBEPCHIO 3TOrO BbICKA3bIBAHHUS.
6) CdhopmynupyiiTe UHBEPCHIO 3TOTO BHICKA3bIBAHHUS.
B) CdopMysHpyiTe KOHTPANO3ULHIO 3TOTO BHICKA3bIBAHHUS.

AKCUOMATUYECKUE CUCTEMbI: YMO3AKNIOYEHUA
N NOKA3ATEJNIbCTBA

MareMaTHKH B GOJIBLIMHCTBE CBOEM HMEIOT 1€JI0 C TeOpeMaM{ M HX H0Ka3aTeJsbCTBa-
MH. TeopeMbl NIpeACTaB/SIOT CO00H “UCTHHHbBIE” YTBEPKIEHHS OTHOCHTENBHO paccMart-
pUBaeMbIX MaTeMaTHUeCKUX chcTeM. Hampumep, yTBep:kaeHHe

T'unomenysa npsamoyeoLbHOEO MPeyeoLbHUKA
OrurHee 2106020 U3 Kamemos

— 3TO M3BeCTHAsl U3 TeOMeTpPUU TeopeMa EBKiuma. DTo yTBep:KIeHHe CUHTAETCS HC-
THHHBIM, TOCKOJIBKY OHO “BBIBOAMMO” W3 paHee MPUHSITBIX HJM BbIBeIEHHBIX HUCTHH
reoMmetpur EBKanpa.
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Maremaruueckas cucTeMa HadMHAeTCs C HEOIPee sieMbIX TIOHATHH U yTBepXKe-
HUH, TOUHO OMHCHIBAIOMIMX (PyHAaMeHTa/bHbIE XapPaKTEPUCTUKH HJIHW MUCTHHHBIE yTBEp-
JKJIEHHS] OTHOCHUTEJbHO 3THX ITOHSITHH, KOTOpble MaTeMaTHKH HCIOJb3YIOT IJg obpa-
30BaHMs CUCTeMbl. DTH (QyHIaMeHTa/bHble XapaKTepPUCTHKHU Ha3blBAIOTCS aKCHOMaMH
WM TIOCTYJIaTaMH. YTBep:KIeHHUs, BEIBelleHHble ([l0Ka3aHHble) TONBKO Ha OCHOBE 3THX
(yHIaMeHTaJbHBIX CBOHCTB (AKCHOM M MOCTYJATOB) W paHee NOKa3aHHBIX yTBepKie-
HUH C [OMOLIbIO JIOTHUECKUX NPABUJI, HA3bIBAIOTCS mMeopemamu.

Takum o6pasomM, B MaTreMaTHUECKHX CHCTEMaX BCsl HH(popMalus, HeoOXoxHMas
1715 0Ka3aTesJbCTBa TeOpeMbl, JOJKHA COfEepKaTbCsl B aKCHMOMax M paHee NOKasaH-
HbIX TeopeMaX. Pa3BuBas KOHKpeTHBIH pasjes MaTeMaTHKH, MOXKHO He BKJOUaTb B
Hero Bce aKCHOMBbI M JIOKa3aHHble TeopeMbl. BMecTo 3TOro MOXKHO TpPUHSITH NOKAa3aH-
HBle TEOpeMBbl B KauecTBe akcHoM. Hampumep, akcHOMBI [J/151 LeJIbIX YHCEN M aKCHOMBI
[Tleano mnisi MOMOXKHUTENBHBIX LEJBIX YHCEJ HESBHBIM 00pa3oM MPeIonaraioT BbIMOJ-
HeHHe aKCHOM TEOPHH MHOXKECTB, HO, MOCKOJbKY B TEOPHH UHCeJ aKLEHT JeJaeTcs
Ha CBOHCTBAX LeJBbIX YHUCes, OblI0 Obl U3JIUIIHUM CTPEMHUTBLCS B Hell OJHOBPEMEHHO K
TMIOJIHOMY Pa3BHUTHIO TEOPHH MHOXKECTB.

BaxHo, uTO JIOTHUECKHe TIpaBHJia, KOTOPblE HCMOJb3YIOTCS JJIsi BBIBOAA HOBBIX
TeopeM M3 aKCHOM, IOCTY/1aTOB M paHee NOKA3aHHBIX B JAHHOH CHCTEMe TeOpeM, He
MOPOXKAAIOT B KauecTBe “TeopeM’ JIOXKHBIE BBICKA3blBaHHS. DTH JIOTHYeCKHE TpaBHJA
Ha3blBAIOTCS NPasuiamu 661600a. Y Mo3aKaro4eHue COCTOUT U3 COBOKYITHOCTH yTBep-
’KIEHHUH, Ha3blBaeMbIX TMIIOT€3aMH, WJH ITOCHIJIKAMH, U yTBepXKJAeHHsl, Ha3blBAeMOro
3akJrovyeHueM. Ilpasunvuoim ymosaxkarouenuem Ha3blBaeTCsl TaKOe YMO3aKJ/IOUeHHe,
3aKJIFOYeHHe KOTOPOro UCTHHHO BCSIKMH pa3, KOrna HCTHHHBI ero rumotessl. [IpaBuna
BBIBOZIA BEIOMPAIOTCS TaK, UTOObl OHH OBINK NPAaBUJIBHBIMH YMO3aKJIOUEHHSIMH.

YMo3ak/IoUeHHs 4acTo NpelCcTaBasioT B BUIE

H,y

H, TUNOTE3BI
Hy

C 3aKJI04YeHHe

CumBoda .°. 03Ha4yaeT “cjenoBaTesibHO”. [HIOTe3bl MpencTaBASIOT COO0H TepeueHb Ofi-
HOTO WJiM GoJiee BBICKA3BIBAHUH, WU MOCHLIOK. YMO3aKJIOUeHHEe MPABUJIbHO, €Csd
BCAKMH pas, Koraa Hi, Ho ¥ H3 UCTHHHBI, TO HCTHHHO W C' WJIH, UTO PaBHOCHJIBHO,
BCAKUM pas, Korna Hy A Ho A Hs ucTHHHO, uctuHHO U C.

[IpaBUbHOCTD YMO3aKJ/IOUEHHSI MOXKHO TIPOBEPUTH ABYMS crioco6aMu. Bo-nepBhix,
Mbl MOXKEM IMOCTPOUTb Ta0JHILy UCTUHHOCTH U MOKa3aTb, UTO BCSKHWH pas, KOraa ru-
NOoTe3bl UCTUHHBI, ICTHHHO U 3aKJueHHe. Bo-BTOpbIX, Mbl MOXKEM HCIIOJb30BaTh Ta-
OJIMI Bl HCTUHHOCTH JJisi 000CHOBAHUS NIPaBUJ BBIBOAA, a 3aTeM HCIOJb30BaTh MpaBUIa
BBIBOJIA JJISi JOKAa3aTeJbCTBA CIPABENJMBOCTH 3akJ/JtoueHusi. IlJHHHBIE yMO3aKJoue-
HUSl, KaK MpaBuJo, npolie 060CHOBBIBATh MPH MOMOLIM NMPaBuUJ BbiBoga. B yacTHocTH,
UCIOJb3Ysl MpaBUJ/a BbIBOAA, JIETKO NMPOBEPUTh MPABUABHOCTb YMO3aKJAIOYEHUS

p—4q
q—T
r— 8
s—t
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[IpoBepka TOro e yTBep:KAEHHS C HCIIOJNb30BaHWEM TabJML UCTHHHOCTH HaMHOTO
cnoxHee. OnHAaKoO, NPH MOMOLIYM TaOJMHI UCTHHHOCTH MBI MOXKEM IO0Ka3aTh JIOXKHOCTb
yTBepKAeHHs], 4ero rnpaBu/a BbIBOAA CHeJNaTb He MO3BOJSIOT.

Paccmotpum ymo3akiiodeHue

p

p—4q

q—r
T PpAgAT

Ta6J’II/IU,bl HCTHUHHOCTH OJIA IIOCBIJIOK M 3aKJ/IIOUEHHUA HMEKT C.}'Ie,[[y}OHU/H'/JI BHUI.

@]
=
<
U=
<]
=
i
Q
<
i)
i)
s
=)
<
=
>
Q
>
<

3ameTuM, uTO, KOTfa HCTHHHBI BCe MOCHIKU (4TO HMeeT MecTo B cjyuae 1),
HUCTUHHBIM TaK)Ke SIBJSETCS U 3aKJ/loyeHue, a caMO YMO3aKJ/IOueHue sBJiseTcd Ipa-
BUJIBHBIM.

PaccMoTprM yMo3akJ/roUueHHe

pVq

p—r

q—r
-

[TocTpouM nJ1si Hero TabjarLy UCTUHHOCTH.

Caywaik p q 7 |pAgq|p—qlgq—r]|T
1 T T T T T T T

2 T T F T F F F

3 T F T T T T T

4 T F F T F T F

5 F T T T T T T

6 F T F T T F F

7 F F T F T T T

8 F F F F T T F

1 2 3 *
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MBI CHOBa MPHXOAUM K BBIBOAY, UTO, KOTAA BCE MOCHIIKH HCTHHHBI (UTO HMEET
MecTo B cayuasax 1, 3 u 5), 3ak/ir0oUeHHe HCTUHHO, U YMO3aKJHOUeHHe MPABUJbHO.
OnHako, ec/iM PacCMOTPETh CJEYIOlIee YMO3aK/OUeHHe

P—q
q—r
,

p

U IIOCMOTPETb HA €T0 Ta6m/1uy HCTHUHHOCTH,

O
=
<
-
o
=
b
_
ﬁ
b
!
_
_
!
3
3
b

Mbl OOHAPYKHUM, UTO XOTS B c/JAy4yae | HCTUHHBI U MOCBUIKU, U 3aKJI0UeHHE, B CAydasix
5 U 7 MOCBIIKKM UCTHHHBI, a 3akJjioueHHe JoxkHO. CyieoBaTeIbHO, YMO3aKJ/l0ueHe He
SIBJISIeTCS TIPaBUJIbHBIM.

PaccMoTprM MeTon MPOBEPKH MPaBHUJIbHOCTH YMO3aKJIOYEHHH, albTepHATHBHBIH
MeTony Tabmaul ucTUHHOCTH. [loka mpensiaraeTcst NPUHATE METO HA BepPY, BEPHYBIIUCH
K ero 0600CHOBAHHUIO HECKOJIBKO T103Ke. DTO He MPSIMOH MEeTOJ, MOCKOJNbKY OH Hampas-
JIeH Ha [0Ka3aTe/bCTBO HENPaBUJbHOCTH yMO3akJ/ioueHHs. B cayuae ycnexa takoro
JI0Ka3aTeJbCTBa 3TO OyleT CBUAETEJbCTBOM HENpaBUJIbHOCTH yMo3akJawoueHus. Ecau,
NpeAnosiarasl HelnpaBUJIbHOCTb YMO32KJ/IOYeHHs], Mbl NPUXOAHUM K IPOTHBOPEUHIO, TO
yMO3aKJIIoueHue sIBJsieTCs paBU/bHBIM. Hanpumep, paccMOTpuM yMo3akJjiodeHHe

pVq
p—r
q—r

Ecnu ymo3aknioueHHe HelpaBU/IbHOE, CYLIECTBYIOT HCTUHHOCTHBIE 3HAUEHHUS P, ¢
U r, IJIS KOTOPBIX MOCBIJIKH UCTUHHBI, a 3aKJ/0UeHHe J0XKHO. Ec/U 3aK/I04eH e JI0XKHO,
TO 7 JIOXKHO. EC/M ¢ — r HCTHHHO , a 1 JIOXKHO, TO ¢ AOJ/KHO ObITH JIOXKHO. AHaJOrHYHO,
eCJM p — T WCTHUHHO, TOTHA p AOJKHO ObITh JokHO. Ho Torma p V ¢ JioXKHO, 4TO
NPUBOAUT K TPOTHBOPEUHIO C YTBEPXKAEHHEM, UTO 3aKJUeHHe JI0XKHO, & MOCBIIKH
UCTUHHBEL. Ha ocHOBaHHHU 3TOro HesiaeM BBIBOM, UTO YMO3aKJIOUeHHe MPaBUJIBHO.
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paCCMOTpI/IM YMO3aKJ/IlouUeHue

pP—q
q—r
r— s
s —t

CHoBa mombiTaeMcsi CBeCTH PacCMOTPeHHe K CJydar, KOIZa 3akJ/ioueHHe JIOXKHO, a
NOCBIIKA MCTHHHBL. Ecau p — ¢ JI0XKHO, TO p AOJMKHO ObITb MCTHMHHO U t JIOXKHO.
[Tocko/IbKY ¢ JIOXKHO, TO U3 UCTHHHOCTH § — ¢ CJEYeT, YTO § JIOKHO. Ecsin s J10XKHO
U r — S UCTHHHO, TO 7 JIOXKHO. Ecaiu  JI0XKHO U ¢ — T MCTUHHO, TO ¢ AOJKHO OBITh
JoxHo. Ho MocKo/IbKy p HMCTHHHO, @ g JIOXKHO, TO p — ¢ JIOXKHO, YTO HEBO3MOXKHO.
OnsaTbh MPUXOAMM K NMPOTHBOPEYMIO C TeM, UTO 3aKJIOUEHHE JIOXKHO, a BCE MOCHINKH
UCTHHHBL. TakuMm 06pa3oM, yMO3aKJ/oueHHe NPaBUJIBHO.
PaccmoTpum ymo3akiodeHue

p—q
q—r
. pVr

Ecou 3aksoueHre J0xKHO, TO ¥ p U 7 — 00a JoxkHBl. OnHAKO, €C/U ¢ JIOXKHO, TO
p — quq— r — o6a UCTHHHBL. [IocKOJIBKY 00€ MOCBIJIKM UCTHHHBI, a 3aKJIUEeHHE
JIOXKHO, TO YMO3aKJIOueHHe HempaBU/IbHO. EciM mocMoTpeTh Ha TabJHUIY HCTHHHOCTU
NAHHOTO YMO3aKJIIOUeHuUs,

Chyuai p q r |p—q|q—7r|pVrT

1 T T T T T T
2 T T F T F T
3 T F T F T T
4 T F F F T T
5 F T T T T F
6 F T F T F F
7 F F T T T T
8 F F F T T F

1 2 *

JIETKO 3aMeTHUTb, UYTO paCCMOTpeHHbIﬁ cnyqaﬁ COOTBETCTBYET CTPOKE 8 TabJUIbl HUC-
THUHHOCTH, OTKYyHa CJeNyeT HelpPaBHJbHOCTb YMO3AKJ/JIOYEHHS.
paCCMOTpI/IM YMO3aKJ/I4YeHHue

p—4q
q—r
r
Ecau 3akmouenue JIO2KHO, 3TO O3HA4YaeT, YTO P JIO2KHO. Ho ecsu mochblIKM HCTHH-
HBbI, TO " UICTHHHO. B stom cjaydyae p — q U q — r AICTUHHBI BHE 3aBUCUMOCTH OT TOTO,
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HCTHHHO ¢ WJIH JIOXKHO. TakuM 06pa3om, HMeeTCs [[Ba CJydasi, KOraa MOXKHO M0Ka3aThb
HeNpaBUJIbHOCTh Halllero ymo3akJwoueHus: (1) p J0XKHO, ¢ UCTUHHO, T UCTHHHO U (2)
P JIOXKHO, ¢ JIOXKHO, T MUCTHHHO. B 3TUX C/ydasix MOCBIIKH MCTHHHBI W 3aKJ/IOUeHHE
JI0XKHO. M3 Tabuniibl HCTHHHOCTH

Caywaik p q r |p—gqlq—r| 7 ]|p
1 T T T T T T\|T

2 T T F T F F|T

3 T F T F T T|T

4 T F F F T F|T

5 F T T T T T|F

6 F T F T F F|F

7 F F T T T T|F

8 F F F T T F|F

1 2 3| =

JIETKO BHUJETb, UTO 3TO CJyydaH 5urf.
CJIeIIYET O6pa’I‘I/ITb BHHMaHHe, 4TO Jaboe YMO3aKJ/Il04eHHe C MOChblJIKaMH Hl, HQ,
Hg, ey Hn U 3akJaouyenueMm C s1BJasieTcs MpaBUJbHBIM TOrga WU TOJBKO TOrAa, Korga
BbICKA3bIBAHHE
(H1AH2/\H3/\.../\HTL)*>C

€CTb TaBTOJIOTHA. SaMeTI/IM, YTO TMOPAIOK CJiefOBaHUA IOCBHIJIOK He ABJIAETCA Cylle-

CTBEHHBIM, IMOCKOJIbKY
Hl/\HQ EHQ/\Hl.

HpI/IMeM B KaueCTBe IIpaBuUJia BbIBOJAA CJeAyiollee YMO3aKJ/IlOUeHHe, B IMPpaBUJIb-
HOCTH KOTOPOIr'o JIETKO Y6e[lI/ITbCH.

Q"E'B
S

DTo nmpaBUJIbHOE YMO3aKJI0UeHHe HA3bIBAETCS npaguiom omoenenus (modus ponens).
PaccmoTtprM npumep ucnosib30BaHUSl NpaBusa oTheseHus. Ilpennonoxum, b —
ueJsoe yucso. [IycTe p ¥ ¢ 3amaHbl cenyOIUM 06pa3oM

p: buemmno
q: b dewumcs na 2,

TakK uTo
p—q: ecau buemrno, mo b deaumcs Ha 2.
[TpaBuno otnesneHus: gaet

p—q ecau b uemrnoe, mo b deaumcs Ha 2
P b uemnoe

. q ;. b deaumces na 2
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JlomycTuM, 4TO BeICKasbiBaHUE ecau b uemno, mo b deaumcs Ha 2 TIONMy4eHO Kak
CBOHCTBO 1eablX yucea u b = 12. Torna o6e NMOCHIJIKM HCTHHHBI, TaK YTO HET COMHEHHS
B TOM, 4TO 12 mesutcs Ha 2. C Apyroél cTOpoHHEl, ecan b = 13, Toraa p JIOXKHO, U XOTS
yMO3aKJ/I0YeHne MPaBUJIbHO, HeJb3sl yTBEPKIATh UTO-AU60 0 medaumoctd b = 13 Ha
2. Eciv ofHa U3 MOCBUIOK JIOXKHA, TO HUCTUHHOCTb 3aKJ/IOYeHHs HUKOUM 00pa3oM He
3aBUCHUT OT MPABUNBHOCTH YMO3aKJ/IOUEHHUS.

[lepeuncyium HekoTOpble MpaBHUJa BBIBOAA, HA KOTOpble Mbl OyIeM CChlIAThCS B
naJbHeHIIeM:

a) IIpasuno omdenenus (Modus Ponens)

b—4q
p

g
6) Cunnozusm

p—4q

q—r

L p=T

B) Modus Tollens
p—q
~q
~p

r) Pacwupenue

1) Cneyuanusayus

e) Konsronkyusa

T PpAQ
k) Boibop

p—(rvs)
r—q
5—q

3) Hcknrouarowuil 86160p

pVyq
p— (r A~r)
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u) Csedenue k abcypdy (Reductio ad Absurdum)

~p — (r A ~r)
P

[IpaBU/BHOCTD BCeX Mepeurc/ieHHbIX YMO3aKJIOUeHHH MOXKHO 10Kas3aTb € IOMO-
(b0 TAGJHL HCTHHHOCTH.

Caenerre K abCypry HCMOJb3yeTCs B MeTOfe N0KAa3aTeJbCTBa, W3BECTHOM Kak
doka3amenvcmeo om npomueHozo. OH COCTOUT B CJENYIOLIEM: MBI JOMYCKaeM, YTO
UCTUHHBIM SIBJISIETCS OTPHIIAHHE TOT'0 BbICKA3bIBaHUSI, KOTOPOe HEOOXOAHMMO H0KAa3aTh;
3aTeM INblTaeMcsi IPUUTH K MpoTHBOpeurio. Ecu 3To ynaetcs, HCXoqHOe yTBepKAeHNe
nokazaHo. O6paTUTe BHHMaHHe, UMEHHO TaKOe PAacCMOTPeHHe ObIIO OCHOBOH paHee
YIIOMSIHYTOTO METOfa J0Ka3aTeJbCTBA MPABHJABHOCTH YMO3aKJIOUEHHS], aJbTepHATHB-
HOTO HCIIOJb30BAHHIO TabJML HCTHHHOCTH. TakWM o6pa3oM, 3TOT ajbTepHATHBHBIH
MEeTO[, PACCYXKAEHHS SIBJSETCS MPABUJbHBIM.

PaccmoTpum Takoe yMosakJ/ioueHHe:

Ecau a610K0 KpacHoe, mo OHO cneaoe
S6aroko cnesoe

.. H6aoko kpacroe

B o603HaueHusx
p: a6A0KO KpacHoe

q: a6a0KO cneaoe

YMO3aKJ/IlOUEHHE NPUHHUMAET BU

p—4q

s Ta6J’II/ILIbI HCTHUHHOCTH

OYeBHIHBIM 06pa3oM cJielyeT HENMPaBUJIBHOCTh yMO3aKJoueHus. B caydae 3 obe mo-
CBIJIKU p — ¢ W ¢ UCTHHHBI; OJHAKO, 3aKJIOUEHHE p TAKOBbIM He sIBJseTcs. TakKUM
06pa3oM, yMO3akJ/JO4eHHe HelpaBUJAbHO. J{aHHBIH BHI HENPaBUJIBHOTO YMO3aKJiOde-
HUe Ha3bIBaeTcsl JIOXCHOU KoHeepcueld. TouHO Tak ke yMO3aKJueHHe

p
q
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SIBJISIETCS HEMPABUJbHBIM U Ha3bIBAeTCs JIONCHOU uHeepcuell.

B 60nbIIMHCTBE aKCHOMATHYECKUX CHUCTEM Te€OpeMbl U aKCHUOMbBI MOTYT OBbITH BECh-
Ma CJI02KHbIMH, a UX MepenseTeHre C rpaBu/jaMi BbiBOAa — BeCbMa 3allyTaHHBIM. Ceii-
4Jac Mbl IIOIIbITaeMCH O6BHCHI/ITb, 4TO INPOUCXOAUT B IMpolecce N0Ka3aTeJbCTBa U Kak
JI0Ka3aTesbCTBa KOHCTpyHpytoTes. CloKHble NOKa3aTebCTBa OOBIYHO MPEICTaBJSIOT
cobon OJAHHYIO LEMNOYKY MPaBUJAbHBIX YMO33KHIOQEHHIZ BbIILIEYKA3aHHbIX THUIIOB. ITo-
ITOMY [0Ka3aTeJbCTBO MOXKHO ONpPENeJUTb KaK MOC/el0BATENbHOCTb YTBEP:KIEHHH,
Kaxaoe M3 KOTOPbIX UCTUHHO B CUJTY OﬂHOﬁ U3 CaeAyIoIUX NMPUYHH:

a) 1o NpeanosOXKeHHIO;

0) 1O aKCHOMe WJIM ONpeleJeHHIo;

B) 10 paHee 0Ka3aHHOU TeOpeMe HJIH JIEMME;

r) BbIBEIEHO U3 NpPeNbIAYILINX YTBEPXKAEHHUH;

J) JIOTHYeCKH SKBHUBAJIEHTHO MpPEeABIAYIIEMY YTBEPKAEHHUIO.

I/ICI'IOJIb3y91 JIOTUYECKYI0 CUMBOJIMKY, B Ka4eCTBE IpUMepa IOKaxxeM, 4TO
p—q
~T — ~q
~r
~p
€CThb [IPAaBHUJIbHOE YMO3aKJ/IIOUEHHE.

Homep | YTBepxaeHue | Kak nonyyeHo
1 p—q [IPeAToJI0XKEeHNE
2 ~T — ~q NPeAIOooKeHUe
3 ~r MpennoJoKeHNe
4 ~q 2, 3 ¥ PaBUJIO OTHEJEeHHUs
) ~g — ~p | ¥ 3KBHUBAJIEHTHOCTb p — ¢ = ~q — ~P
6 ~p 4, 5 v paBUJIO OTHENEHHUs

HMrtak, U3 Tpex MOCHUIOK CJeIyeT 3aKJueHue ~p, U Mbl J0Ka3aau ~p.

B GonbliMHCTBE MaTeMaTHUECKHUX 10KA3aTe/bCTB JOTHKA “CKPBITA” B TOM CMBICJIE,
4TO O HeH CreluaJsbHO He yrnoMuHaeTcs. [Ipennonaraercs, 4To YUTaTeNb MOXKET OTCJIe-
JKUBATbh JIOTHKY 0e3 MOCTOPOHHEH MOMOIIH, a ee PACCMOTPeHHe Hen30eKHO YCI0KHHUIO0
Obl caM Tpollecc N0Ka3aTesNbCTBa. B HEKOTOPBIX NOKa3aTesNbCTBaX, KOTOPbIE MOCJELY-
10T HUXKE, Mbl 3arJIsiHEM 3a KYJIHCHI C Te€M, UTOObl POUJJIIOCTPUPOBATH HCIOJb30BaHHE
JIOTHKH.

B YIIPAXKHEHUA

1. Hcnosib3yst TabnULbl HCTHHHOCTH, NOKQXKUTE NPaBUJIBHOCTD CJAEAYIOLIMX YMO3a-
KJ/IIOYeHUH.
a) [lpaBusio cusorusma
p—q
q—r
Sop—T
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0) I[lpaBuso BrIGOpPa
p
p—(rvs)
r—gq
s—q
g
B) [lpaBusio cBenenus K abeypay (reductio ad absurdum)
~w — (1 A ~r)
N E—

. HOKa)KI/ITe, 4TO cJjenyruiee yMO3aKJ/iIloUeHHe He SABJAFdETCA NPAaBUJAbHBIMU!

p—4q
q—r
ST
. Onpenenute, Kakoe U3 CAENYIONUX YMO3AKJIIOUEHNUH SIBJISIETCS MPABUJIbHBIM:
a) p—gq 6) ~pVgq
pD—r ~q\Vr
qVvr ~T
Sp Lo~
B) p—gq r)  ~pV~q
p—r r V ~q
~(p A q) ~p
C.o~p .o rVoep
. Onpenenute, Kakoe U3 CAEAYIOMIHX YMO3AKJIIOUEHHH SIBJISIETCST IPABUJIbHBIM:
a) ~T 0) pVyq
p—T ~qVrT
q — T ~T
Nip/\qi oD
B) p—gq r) pV~q
q—r rV~q
qVvr ~p
p AR

. YcTaHOBHUTE NPaBUJAbHOCTL CJIEAYIOIIUX YMOSHKJ'IIOLIGHI/IIL/'I, HCII0J/b3yd METOH, aJib-
TepHaTHBHbIﬁ [NIPUMEHEHHU IO TabJINI, UCTHHHOCTH:

a) sVt 0) p—q
t—r q—T
s —w r
T rvVuw Sop
B) p—yq r) ~pVgq
~QG — ~S r VvV ~q
s—t p
tVq S
pVs . rVs

. YcTraHoBHUTE IPaBUJIbHOCTDL CJIEAYIOLIUX YMOSaKJI}O‘-IeHI/IIjI, HCII0JIb3yd METOH, aJib-
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TepHaTHBHbeI METOoLY T36J'II/ILI HCTHUHHOCTH!

a) sVt 0) p—q
t—r q—r
s —w r
rVuw .. D

B) p—gq r) ~pVq
~g — ~8§ TV ~q
s—1 P
tVq S
pVs c.rVs

7. Tlokaxkure MPaBUJAbHOCTL CJAEAYHOUIHUX yMOS&KﬂIOquHﬁ, UCIOJIb3Yys TpaBUJia Bbl-
BOIa U 3KBHBAJIEHTHBIE BBICKA3bIBAHHWA:

a) ~(sAt) 6) p—gq
~w — t ~1r — ~q
s —w ~T
Sop
B) ~(~pVgq) 1) ~r—~w
~Z = ~S (x Vrw) — z
(p Ar~g) — s ~p =~z
~z VT p— (~r V~s)
ro o~r Vs

8. ﬂOKa)KI/ITe, 4YTO JiIOrn4decCkKasd 3KBHUBAJIEHTHOCTb ABYX BbICKa3bIBaHUH O3Ha4daerT,
4YTO 3KBHBAJIEHLIUA OBYX BBICKA3bIBaHWUH €CTb TaBTOJOTrHsA. VIHBIMU cJI0BaMu, nOJid
BbICKa3bIBaHUH P ¥ q NOKa>xXHuTe, 4TO

i
1l
<

O3Ha4daeT TO 2Ke caMoe, UTO U
p < q — masmoaocus.

Besen 3a 3TUM moKaXKHUTe, YTO TMOCJeTHee yTBEpXKIeHHe SKBHBAJEHTHO yTBep-
XKIEHHIO:

KK p — q, MaK U q — p ABASIOMCS MABMOLOSUAMLU.

B cayugae, xorga UMMIHKaLUsS p — ¢ €CTb TaBTOJOTHS, OBOPSIT, UTO p HMeEET
CJIeACTBHUEM @, U HACTO 3aMMCBLIBAIOT 3TO KaK p = q.
9. Hal‘;IJII/ITe CpeILI/I yKaSaHHbIX HUKe Bblpa}KeHI/IIL/'I TAaBTOJIOTHUH.
a) p— (pAaq);
6) p— (pVa);
B) (p—q) — (¢ —p);
r) ((p — q) A ~q) — ~p);
n) ((p—q)ANq) — p).
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1.5. MONHOTA B JIOMMKE BbICKA3bIBAHUN

KpoMe ncrnosb3oBaHus B JIOTHKE, OMHO U3 BaXKHBIX MPUMEHEHWH TabJull UCTUHHOCTH
COCTOUT B KOHCTPYHUPOBAaHUU KOMMYTAIIMOHHBIX cXeM. [Ipex e, ueM npucTynuTh K U3y-
YEeHHI0 KOMMYTallUOHHBIX CX€M, Mbl PACCMOTPHUM BOMPOC O MUHHUMAJbHOM KOJIUUECTBE
JIOTHYECKHX CBSI30K, HEOOXOAMMBIX MJISl BbIPAXKEHHs JI0O0Oro BbICKas3blBaHHUs, 06pa3o-
BAHHOTO C MOMOIIIbI0 OMpeeJeHHbIX HaMHU BbIllle JIOTHYeCKHX CBs30K. M3BecTHO, 4TO
P <> ¢ MOXKHO BBIPa3uTh Kak (p — ¢q) A (¢ — p), TaK YTO HCIONB30BaTh <> yI0OHO, HO
He HeobOxomuMo. K Tomy xe p Y ¢ 3KBUBaIeHTHO

(pA~q)V(~pAg).

Takxe p — ¢ 3KBUBaJIEHTHO ~p V ¢, I03TOMY HeT HEOOXOAMMOCTH HCIO0Jb30BATb —,
ecau npuMensietcst ~ 1 V. Kpome Toro, p A ¢ 9KBUBasNeHTHO ~(~p V ~q) U pV q 5KBH-
BasIeHTHO ~(~p A~q). CiliefoBare/ibHO, 1060 BbICKA3bIBAaHHE MOXKET OBITb BBIPAXKEHO
uepe3 napy CBSI30K ~ M A HJIH ~ W V, NpU4YeM B JIOOOM cjaydyae HeoOXOLUMBI 06e
cBsizkd. OfHaKO CyIIecTBYIOT /B CBSI3KH, 00sajlalollide TeM CBOHCTBOM, UTO JI000e
BBICKa3blBaHHE MOXKET ObITh BBIPAXKEHO C MCMOJb30BAHHEM TOJBKO ONHOH M3 HUX. DTH
CBSA3KM: | — Tak HaseiBaeMblil wmpux Ileggpepa v | — rtak HasbiBaeMmas cmpenka
ITupca. Cou Ha3BaHHUSI 3TH CBSI3KH IOJYUYUJIU B decTb MaTeMaTuKoB [.llleddepa u
Y.ITupca. ITUM CBA3KaM COOTBETCTBYIOT TaOJIMLEI HCTHHHOCTH

Caysaii p gq |plgq Crywan p q|plgq
1 T T| F 1 T T| F
2 T F| T 2 T F| F
3 F 17| T 3 F T| F
4 F F| T 4 F F| T

st Toro, uToOBl MOKa3aTh, UYTO JIOOYI0 CBSI3KY MOXHO 3aMEHHThb CBfI3KOH |, mocTa-
TOYHO MOKa3aTh 3TO AJs Map CBSI30K ~ U A HJIH ~ U V, MOCKOJbKY BO3MOXKHOCTb
BBIPA3UTh JIIOOYI0 CBSI3KY ONHOH M3 3THX Map yXKe MoKazaHa. JKBHUBAJEHTHOCTb p | p
U ~p YCTaHABJHUBAETCS MpPU MOMOLIM cJjefytoued TabJuLbl HCTHHHOCTH:

Cnywaiik p q|p | p
1 T T|T F T
2 T F|lT F T
3 F T|F T F
4 F F|lF T F
*
TO'—IHO TaK 2Ke Ta6JII/II_[a
Criyaati p q|(@ | p» | (@ |
1 T T|T F T T T F T
2 T F|lT F T T F T F
3 F T|F T F T T F T
4 F F|F 7 F F F T F
*
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nokaseiBaet, uto (p | p) | (¢ | ¢) kBUBaJeHTHO p V q. MOXKHO TaKke MOKa3aTb, UTO
(p|q) | (p|q) sxBUBaneHTHO p A q.

Takum o0pasom, ecjid MOKa3aTb, UTO ~ H A WJIH ~ W V MOXHO BBIPa3uTh,
HCIOJb3Ysl TOJMBKO |, TOTA W JIFOOYI0 CBSI3KY MOXKHO BBIPA3WTh, HCIOJb3Yysl JHIIb |.
[IpenocraBJisieM uUTaTeNO MOKa3aTh, UTO p | p akBHUBajgeHTHO ~p, (p | p) | (¢ | q)
9KBUBasNeHTHO p A q, a (p | q) | (p | q) sxkBUBajeHTHO p V ¢. 3aMeTuM, 4TO P | ¢
9KBUBaNeHTHO ~(p A q), a p | q 3KBUBaseHTHO ~(p V ¢). [loaToMy B nanbHeiilem
cBsi3Ka | OyleT Ha3bBAaThCsl He-u, a CBsi3ka | OyIeT Ha3blBaTbCs He-UU.

JlonycTiM, 4TO 3ajaHa MPOM3BOJbHAS Tabjuila UCTHHHOCTH. CyllecTByeT Mpo-
CTOM croco6 HalUTH BLICKA3bIBaHKE, KOTOPOMY OHa cooTBeTcTBYyeT. Hampumep, mpemro-
JIOKHM, UTO MMeeTcsl Tab/MIa HCTHHHOCTH

Cayuai p ¢

M3BecTHO, YTO p A ¢ UCTHHHO B cjydyae 1 W JI0OXKHO BO BCEX OCTAJ/bHBIX C/Iydasix.
AHajiorn4Ho, p A ~q UCTHHHO TOJIbKO B CJydae 2, ~p /A g HCTHHHO TOJIBKO B cjydae 3,
a ~p A ~q ACTHHHO TOJIbKO B cjaydae 4. IlycTb BeicKasbiBaHHe HOJKHO ObITb UCTHH-
HBIM TOYHO B yKa3aHHBIX HaMH caydasX. Ecju /s KakIoro Takoro cjayuasi (CTPOKH
TabJMIB) BHIOPATh BBICKA3bIBaHHE, KOTOPOE MCTHHHO TOJNBKO B 3TOM CJydyae, U CBs-
3aTb 3TH BbICKA3blBaHHS CBS3KOH V, TO Mbl OJYUUM BbICKa3bIBAHHE, UCTHHHOE TOJBKO
B TpeOyeMbIX cjyuasix (CcTpokax). B mpuBeneHHOM Bbillle NMpHMepe paccMaTpHBaeMast
Tab/uLa UCTUHHOCTH COOTBETCTBYeT BbICKA3blBAHUIO

(PAQV (p A~q) V(~p A~g).

B cayyae Tabauin UICTUHHOCTH € TPeMSs TepEMEHHBIMU UMeeM aHaJIOTUUHYI0 CUTY-
auuto. 7151 KaxK 108 CTPOKU ciefytolle TabuLLbl TIPUBEIEHO BbICKA3bIBAHHWE, HCTHHHOE
TOJIBKO JJIS 3TOW CTPOKH.

Cayuann p

Q
=

3aMeTbTe, UTO eC/IM B KaKOH-THOO0 CTPOKe IepeMeHHasl UMeeT JIOKHOe 3HaueHue,
TO B COOTBETCTBYIOLEM BbICKA3bIBAHUH OHA HCII0Jb30BaHA C OTpHlaHHeM. Ecau Tpeby-
€TCSl OCTPOUTh BbICKA3blBAHUE, COOTBETCTBYIOLLEEe KOHKPETHOH TabJMlle UCTUHHOCTH,
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HeoOXO0MMO BbIOPATh BbIPAXKEHHsI, COOTBETCTBYIOLIME CayuasiM (CTpoKam), rie BbiCKa-
3bIBAHHE UCTUHHO, U COEIMHUTDb UX CBSA3KOH V. Hampumep, nocTpoeHHe BbICKa3blBaHUS
¢ TabJauled UCTUHHOCTHA

O
=
<
-
1]
Sic
b
Q
ﬁ

Ja€T BbICKa3bIBaHHE
(PAGAT)V(PAGA~T)V (~pAGAT)V (~p Avg At

HOCTpOGHI/Ie BbICKA3bIBAHHUA C Ta6J’IHU,eﬁ

O
=
<
W
o
S
b
s
ﬁ

JaeT BbICKAa3blBaHUE
(PANgNA~T)V (D A~gAT)V (P A g Ar).

Takast hopma BbIpa)keHHsi BLICKA3biBaHHsI Ha3biBAeTCs OU3BIOHKMUBHOU HOp-
manvHol gopmotl. Beipaxkenus p A g A~r, p A~gAT U ~pAq A ~r Ha3blBaOTCS
anemenmapHoimu KOHBIOHKYUAMU. [[annm Gosiee TOUHOE OMpeeeHHe.

OMPEAENEHUE 1.5. Ilyctb p1, p2, ps3, -.., P — MOPOCTHle BbiCKasbiBaHUsA. Ha-
30BeM BbIpaxkKeHue x1 A xo A €3 A --- A x,, B KOTOPOM x; = p; WIH T; = ~p;,
dlemeHmapHoll KoHsoHKYuel. BripaxkeHue, ipeacTassiollee co60i U3 BIOHKIIUIO
3JIeMEHTApHBIX KOHDBIOHKIHH, Ha3blBaeTCs OU3BIOHKMUBHOLU HOPMALbHOU op-
MOU, Tak UTO €CJNd My, Mg, M3, ..., M, €CTh JeMeHTapHble KOHBIOHKI[HH, TOTAA
mi1VmeVmsV---Vm, ecTb TU3bIOHKTUBHAS HOpPMaJibHast (opma.
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XoTs J11060€ BbICKa3blBaHHe MOXKeT ObITh BbIPaXKeHO B JAW3BbIOHKTUBHOH HOpMaJb-
HOU (opme, 3Ta Gopma BblcKa3blBaHUS He siBJsieTcs npocteiiield. Kaptol Kapho, ko-
TOPBIM MOCBSIIIEH CJAEAYIOUIHH pasjes, Kak pasd MO3BOJSIOT YIPOCTHTb BBIPAXKEHHE
BbICKA3bIBAHHUSA B NU3BIOHKTUBHONU HOpPMaJsIbHOH (popMe.

JeficTBysl 1o TOH XKe cxeMe, MBIl 3aMeyaeM, UTo p V ¢ V T JIOXKHO, TOJbKO KOTrIa
p, ¢ ¥ JoxXHB. Boobiite, B Tabauie

Cayuain p

T | ~pVe~qgVe~r
F |l ~pV~qVr
T|~pVqgVe~r
F | ~pVqgVr
T
F
T
F

L)
<

pVe~q Voeer
pVe~qgVr
pVvVaqV ~r
pVaq\Vr

KaxKJ10e BblpaxkKeHHe JIOKHO B CTPOKe, IJle OHO PacloJioKeHO, U UCTUHHO B /1060 Apy-
roi ctpoke. Eciu TpeOyeTcsi HalTH BbiCKa3biBaHHe, objajarllee AaHHOH Tabauuel
HCTHHHOCTH, 3Hasi BCe cjydyad (CTPOKH), rie B TaOJHIle HUCTUHHOCTH CTOHUT JIOXKHOE
3HaueHue, TO HCIIOJb3YIOTCS BBICKA3bIBAHUS, KaxKI0€ U3 KOTOPbIX JIOKHO TOJBKO B
COOTBETCTBYIOLLEH CTPOKE, U BCEe 3TH BbICKAa3biBaHUS 00beAMHSIOTCS CcBs3Kod A. Ha-
npumep, Tabyule UCTHHHOCTH BHUIA

O
=
<
N
1]
S
b
(S
%

COOTBETCTBYET BbICKa3blBaHHE
(~pV g Vr)A(~pVagVr)A(p VegVr)AN(pVagV~r).

Takas ¢opma BblpaKeHHUs! BbICKA3bIBAHUSI HA3BIBAETCS KOHBIOHKMUBHOU HOPMAAbHOU
¢opmoii. Buipaxkenusi ~pVq V~r, ~pVqVr, pV~qVr ¥ pVq\V~r HOCAT Ha3BaHHUE
anemenmapuoix oussronkyul. Teneps nagum 6osiee popMasbHOE ONpeleseHue.

OMPEQOENEHUE 1.6. Ilyctb p1, p2, p3, ..., Pn — OpPOCThle BeICKa3biBaHUs. Haszo-
BeM BbIpaxKeHue x1VraVr3V...VI,,B KOTOPOM X; = p; HIH ~p;, aﬂemenmapnod
OdussroHKyuell.
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Boipaxkenue, mnpexacrasssiiolmiee co60H KOHBIOHKLHMIO 3J€MEHTApHbIX IH3b-
IOHKLIMH, Ha3bIBAETCS KOHBIOHKMUBHOU HOPMALbHOU (hopmoil, TaK UTO ecju
myi, M2, M3, ..., M, — dJIEMEHTapHble OU3BIOHKUUHU, TO M1 Amg AmzA... \Nmy,
eCTb KOHBIOHKTHBHAs HOpMa/bHast (opma.

® YIIPAKHEHUA

1. Wcnonb3ys TaGMUIBl UCTUHHOCTH, NOKAXKUTE, UTO
a) p | p S5KBUBAJEHTHO ~p;

6) (p 1 p) |l (qlq) sxBuBanentHo p A g;

B) (plq)l (plq) sxBuBanentro (pV q).
2. HaﬁﬂHTe BbICKa3bIBaAHUAA, KOTOprM OTBeYarnT CJIeHy}OLL[I/Ie TaGJIPIL[bI HUCTHUHHOCTH.:

a) Caywaii p q 7 6) Cayuat p q r

3. Haﬁame BbICKa3blBaHHsA, KOTOPbIM OTBEYAIOT CJIEAYIOLIHE TabJHUIIbl HCTHHHOCTH:

a) Caywaii p q 7 6) Cayuat p q r
1 T T T | F 1 T T T | F
2 T T F|T 2 T T F|F
3 T F T |T 3 T F T | F
4 T F F|T 4 T F F | F
5 F T T|F 5 F T T\|T
6 F T F|F 6 F T F\|T
7 F F T|F 7 F F T\|F
8 F F F|T 8 F F F|T
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B) Caywaii p q r
1 T T T|T
2 T T F|F
3 T F T|T
4 T F F|T
) F T T|F
6 F T F|F
7 F F T|T
8 F F F|F

1.6. KAPTbl KAPHO

s IpoCThIX BbICKA3bIBAHUH p1, P2, P3, ... U P, CYLIECTBYET 2™ pa3/IUUHBIX 3JeMeH-
TapHBIX KOHBIOHKIHE. (D10 GyneT nokasaHo B riaee 8.) Hanpumep, /151 BbICKasbiBaHH
D U ¢ 3JeMeHTapHbBIMU KOHBIOHKLUSAMU OYyAYT pAgq, p A~q, ~pAq 1 ~p AN~q. Kapma
Kapno — >to Tabnuna, KaxKAblH 3JeMEHT KOTOPOH SIBJISETCS 3JeMEHTapHOH KOHB-
ToHKIMel. Hanpumep, nss BeICKasblBaHUH p U ¢ KapTta KapHo no/KHA HMeTb BHUI,
u300paxkeHHbIH Ha puc. 1.1, a Ha puc. 1.2 BHyTpU NpSIMOYTOJIbHUKOB INpeNCTaBJIEHbl
COOTBETCTBYIOLIHE 3JIeMeHTapHble KOHBIOHKIHH.

q ~q q ~q
p p PN q PN ~q
~p -p | PN gq ~-p /N ~q
Puc. 1.1 Puc. 1.2

Jlns mpencraB/eHus KapToid KapHo BBICKa3biBaHHUS, 3alIMCAHHOTO B IM3BIOHKTHB-
HOU HOpMaJlbHOH (hopMe, HeOOXOAUMO MOMECTUTDL X B MPSAMOYTOJbHUKAX, COOTBETCTBY-
IOIMX 3JleMeHTapHbIM KOHBIOHKLHSIM. Hanprmep, BbICKa3blBaHUIO

(PAQ)V (~p A~q)

cooTBeTCcTByeT Kapta KapHo, usobpaxeHnHasi Ha puc. 1.3.

q ~q q ~q
P X P X X
~p x ~p
Puc. 1.3 Puc. 1.4

3ameTHM, 4TO €C/IM BBICKa3blBAHHIO COOTBETCTBYeT KapTa KapHo ¢ nByms cocen-
CTBYIOLUIMMH B CTPOKE MJIM B CTOJOLE X, TOTZ@ BbIpayK€HHE MOXKHO yIPOCTHUTh, CBEs
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NIBe 3JeMeHTapHble KOHBIOHKLHH K OIHOH, coleprKalllell Ha OfHY KOMIOHEHTY MeHblile
(t.e. mubo p, nubo ¢ He OYAyT MPUCYTCTBOBATh B BhipakeHuu). Hampumep, BhiCKa3hi-
BaHue (p A q)V (p A ~q), KOTOPOMY COOTBeTCTByeT Kapta KapHo, nzoOpakeHHasi Ha

puc. 1.4, 5KBHBaJIEHTHO BBICKa3bIBaHUIO p, TaK Kak (pAq)V (p A~q) =pA(qV ~q) =
p AT =p.

q ~q

~pP

r ~r r Puc. 1.5

Kapra KapHo masi p, ¢ U r MOXeT UMeTb BUJI, U300paXKeHHbIH Ha puc. 1.5, a Ha
puc. 1.6 B psIMOyTOJIbHUKAX BHYTPH TPeNCTaBJEHbl deMeHTapHble KOHBIOHKIHH.

q ~q
p pAqAT pAgA ~r pA~qN ~r pA~qAr
~p ~pANgq/Nr ~pANg/N ~r ~p /N ~gq /N ~r ~pAN~qANr
r ~r T

Puc. 1.6

CJienoBate ibHO, BBICKA3BIBAHHUIO
(PAgA~T)V (P AgAT)V (~pAg Anr)
OyneT cooTBeTCTBOBaTh KapTa KapHo, usobparkeHHas Ha puc. 1.7.

q ~q

~p %

r ~r r Puc. 1.7

Kak u mpexne, MOCKONbKY 1Ba 3HakKa COCEACTBYIOT, [BE 3JEMEHTapHble KOHB-
IOHKIIMK MOTYT OBbITb CBeIEHbl K OIHOH, ComepxKallieil Ha OfHY W3 KOMIOHEHT p, ¢ U T
MeHbllle. B nanHoM caydae (p A g A ~r)V (~pAq A~r) cBogutes K (g A ~r), Tak
YTO BBIpAXKEHHE NPUHHUMaeET BUL (¢ A ~r)V (p A ~qg AT).

B cayuae, korma ueThipe 3HauKa PacrojiOXKEHbl B MPSIMOYTOJbHHKE PSIIOM, Kak
nokasaHo Ha puc. 1.8

q ~q

~p X X

r ~T r Puc. 1.8
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uav Ha puc. 1.9,

~p

r ~T r Puc. 1.9

TOTZa YeThipe dJeMeHTapHble KOHBIOHKLHH, OTMeYeHHble 3HAUKaMH, MOTYT ObITb CBe-
IeHBl K OIHOMY UJIeHY, COlepKalleMy TOJIbKO OIHY M3 KOMIIOHEHT p, g U 7. Hanpumep,
nepsasi Kapra KapHo npencrasiisiet

PAgA~T)V (D AgAT)V (DA Ar) Vi (p Avg Aer),

YTO CBOOMTCS K ~r.
Bropast kapra KapHo npencraB/isieT BelpaKeHHe

PAGAT)N(PAGA~T)V (P A~g A~r)V (p A~g AT,

4TO MOXKeT OBITb CBELEHO K D.

[TockosbKy 7 mosiBaisieTcst Ha 060UX KOHIAX KapThl KapHo, ee MOKHO “CKpyTHTBH”
W CUMTATh, YTO YeTbIpe 3HauKa Ha KapTe KapHo 06pasyioT NpsiMOYTroJbHUK U3 UeThlpex
3HauKoB (cM. puc. 1.10), mosTomy BelpaxkeHHe

(PAGAT)V(~pAGAT)V (D A~gAT)V (op Avg AT)

CBOAUTCS IPOCTO K 7.

q ~q
p X X
~p X x
r ~r r Puc. 1.10

Beipaxxenue
(PAGAT)NV(~pAGAT)N (DAGA~T)V (~pAg Ar)V(p A~g Aeor),

npexcTaBieHHoe Ha puc. 1.11, MoxeT ObITb NPeo6pa3oBaHo K ¢V (p A~q A~T) Ha OCHOBe
IPaBOCTOPOHHEro 6J10Ka U3 YeTblpeXx 3HAuKOB. DoJiee Toro, 6saronapst Haau4uio 6J0Ka
M3 JIByX 3HAUKOB B Cepe/lMHe TMEPBOH CTPOKH, €ro MOXKHO elle 6oJblie YIPOCTHTD,
npuBenst K BULY ¢V (p A ~r).

q ~q

r ~r r Puc. 1.11
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HepetmanM YeTbIpe MocJae10BaTeJ/IbHbIX Iara Ipu UCIOJAb30BAHUHU KAPThI KapHo:

1. ,HJ'IFI Ka)KILOI;'I 9J'IeMeHTapHOﬁ KOHBIOHKIMH 0003HAUbTe Ha KapTe COOTBETCTBYIO-
WK NPAMOYTOJIbHUK.

2. HOKpOIL/'ITe 3HAaKH, UCIOJIb3ys, M0 BOSMOXKHOCTH, HECKOJIBKO MPAMOYTOJbHBIX 6.10-
KOB.

3. HCHOJII)?:YIL/'ITQ 6JIOKI/I, MaKCHMaJibHbI€ 10 BeJHWYHHE, HE MEeHdd 4HcCJa 0JIOKOB.

4. OU,eHHTe OJIOKH C COOTBETCTBYIOUIMMH BbICKAa3bIBAHUAMH, KOTOPbLIE OMNHCBLIBAKOT
HX, U O6"beILI/IHI/IT€ 39TH BBICKA3bIBAHHUA CHUMBOJIOM V.

[TpounmocTpupyemM 3TOT mpoliecc MyTeM IMOCTPOeHHUs] KapThl KapHo A/s ueThl-
pex BBbICKa3bIBaHWH p, ¢, © U S, U300paxeHHOH Ha puc. 1.12, rme Bo BHYTPEHHBIX
NpsIMOYTOJIbHUKAX TpeJCTaB/leHbl 3JIeMeHTapHble KOHBIOHKLHMH, COCTABJIEHHbIE U3 TeX
BbICKA3bIBaHUH, PACIOJNOKEHHBIX Ha Kpasx, KOTOpble NMPUHAAJIeKaT CTPOKE U CTOJAOLY
COOTBETCTBYIOLIUX IPSIMOYroJbHUKOB. Hanpumep, KpallHUe BbICKa3bIBAHHS, COOTBET-
CTBYIOLLNE BTOPOH CTPOKE U TPETbEMY CTOJOLY, eCTb P, ~q, ~T U ~§, UTO NOPOXKAAeT
3JIEMEHTAPHYI0O KOHBIOHKIHIO p A ~q N ~1 A ~S.

Paccmorpum BeipaxkeHne

(PAGATAS)N(PAGA~TAS)V (DAGAT A ~S)V
V(PAGA~r A~s) V(mpAGAT A ~S)V (P AG A~ A~s)V
V(~p AGATAS)V (mpAgA~T AS) V(D Arog A~r A SV
V(p A~g AT AS)V (p Aeg AT A ~s).

q ~q
s
p
~S
~p
s
r ~T r Puc. 1.12

Pasmemas cooTBeTcTByOIIMe 3HAUKKM B KapTe KapHo, nmomydaem kKapry, u3obpa-
JKeHHYI0 Ha puc. 1.13, KOTOpY10 MOXKHO MOKPBITb BOCBMHUKPATHBIM, YeThIPEXKPAaTHBIM
U BYKpaTHbIM OJI0OKaMH. BOCBMUKpaTHBIH O/I0K MOXKHO ONMCATh, HUCIOMNb3YS TOJBKO
OJIHY M3 KOMIIOHEHT p, ¢, UK S. B naHHOM c/yuyae BOCbMHUKPATHBIH GJIOK OMHMCBHIBAET
q. UeTblpeXKpaTHBIH 60K MOXKHO ONHMCATh, UCMOJB3YS TOJMBKO IBa MPOCTHIX BbICKA3bI-
BaHMA. B f1aHHOM ciyyae 3TOT OJI0K MOXKHO OMHUCaTb, UCNOMB3Ys p A s. JIByKpaTHBHIH
6JI0K MOXKHO OIHCAThb, UCNOJb3YS TPH NPOCTHIX BbICKA3blBaHUS. B maHHOM ciydae 3T0
p A~gAr. CleoBaTe/IbHO, UCXOLHOE BBICKAa3bIBAaHHE MO2KHO YIPOCTUTb U IPUBECTH K
BuLy ¢V (pAs)V (p A~qAr). TIockoNbKY r HAXOLUTCS HAa 0OOMX KOHLAX CTPOKH, a S
HaXOAMUTCSI Ha 060MX KOHLAX cTosbla, “cKpyduBaHue” KapThl KapHo o6bennHseT 3TH
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q ~q
X X X X s
p
X X X
~5
X X
~p
X X S
r ~r r Puc. 1.13

CJIy4au, TaK 4YTO BepXHHUH Kpall MOXKHO CYHTATDh NPUJETAIOMINM K HIKHEMY, a JIEBBIH —
MpPUJEraloIUM K [IPABOMY.

Hanpumep, ueTbipexkpaTHblii 60K Ha KapTe KapHo Ha puc. 1.14 MoxHO omucathb
IIOCPENCTBOM 7" A S.

q ~q
X X S
p
~8
~p
X X S
r ~r r Puc. 1.14

B YIIPA2KHEHUA

1. yl'IpOCTI/ITe BbICKa3blBaHWs, Bblpa>kK€HHbIE CJIEAYIOIWUMHU KapTaMH KapHo:

a)

q ~q
p X X X
~p X X
_
r ~r r
0)
q ~q
X X s
p
X X X
~S
~pP
X X s




PA3LE]J 1.6. Kapmbi KapHo

B)
q ~q
X X S
p
X X X
~5
X
~p
X X s
r ~r r

. yl'IpOCTI/ITe BbICKa3blBaHWs, BbIpaK€HHbIE CJIEAYIOIUMHU KapTaMH KapHo:

a)

q ~q
p X X
~D X X X
s
r ~r r
6)
q ~q
X X s
p
X X
~S
X X
~p
X X s
r ~r r
B)
q ~q
X X X X s
p
X X
~S
X X
~pP
X X X X s

55
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3. Hcrnosbsyiite KapThl KapHo 111 yIPOIIEHHS CAEAYIOMIHX BhIpaXKeHHH:
a) (PAGAT)V(~pAGAT)V (~pAg Ar~T)V
V(~p A~g Ar) VA (p A g A ~r);
60) WAGA~rAS)V(PA~g AT AS)V(PAG AT A~S)V
V(p A~g Ao As) NV (~p Ag A ~r A ~s)V
V(~pAG AT AS)V (~p Avg Aor AS)V (p AgAT A ~s)V
V(~p Ag AT A ~s);
B) (DAGATAS)V(~pAGATAS)V (P Arvg At A ~s)V
V(p A~gAr A~s)V(~mpA~gA~TA~ SV
V(~p A~g AT A ~os).
4. UcnonbsyiiTe KapTel KapHo [J1st yIIPOIIEHUST CEAYIONIMX BbIPaXKeHHH:
a) (PAGAT)V(~pAg A~r)V (~pAgATIV
V(p A~g Ar) V(~p Ag Ar);
0) (PAGA~Tr AS)NV (P Ag Ar AS)V (~pAGAT A S)V
V(~pAG AT AS)V (~p Avg A AS)V (~p A~g AT A S);
B) (PAGATAS)V(DAGAT AN~s)V (~pAGA T A ~S)V
V(p A~g AT AS)V (p Avg AT A~s)V (~p A~g AT A ~s).

1.7. KOMMYTALUNOHHBIE CXEMbI

BricKa3biBaHHsl, COOTBETCTBYIOIIHE KOMMYTallHOHHBIM (pesiefiHO-KOHTAaKTHBIM) CXeMaM,
MPUHSATO BbIpaXKaTh B cUCTeMe 0003HaUeHUH Oy/eBod anreOpsl, KoTopas OyneT BBeleHa
B pasgese 2.4. [TosToMy, nmpexie 4eM MepedTH K M3yYeHHIO KOMMYTALHOHHBIX CXEM,
MBI NepelineM OT 0003HA4YeHHH, TPHUHSATBIX B JIOTHKEe, K OyjeBod 3amucd. CHMBOJBI
A, V U ~ 3aMeHSIIOTCSl, COOTBETCTBEHHO, Ha -, + H '. Takum o6pasoM, (p A q) V ~r
npeBpatiaercs B (p-q) + 1/, a

(PAgNA~T)V (P A~gAT)V (M A g A~

HpI/IHI/IMaeT BUJ
p-qg-r)+@-q r)+@® q-71).

Kak u B 06bluHON anre6pe, 3HaK NPOU3BENEHHUs, KaK MPABUJIO, OMYCKAETCsl, U Tpearo-
JlaraeTcsi, UTO TPOU3BeNeHNE BBLIMOJNHSIETCS Mepel CJA0XKEeHHEeM, TI03TOMY MPUBeIeHHOe
BBIIIIE BhIpayKeHHMe MOXHO Tepernucatb B BUIE

pgr’ + pg'r +p'gr’ .

B Ttabsunax uctuHHocTH T 3aMmeHsieTcs Ha 1, a F' Ha 0, Tak uTo TabJulla UCTHH-
HOCTH
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Ciysat p q r|p VvV ((~ q@ A 1)
1 T T T|T T F T F T
2 T T F|T T F T F F
3 T F T|T T T F T T
4 T F F|T T T F F F
) F T T|F F F T F T
6 F T F|F F F T F F
7 F F T\F T T F T T
8 F F F|\F F T F F F

npeodpasyercsl B TabJaULy
Ciywai p q r|p + (¢ r)
1 1 1 1|1 1 0 0 1
2 1 1 01 1 0 0 O
3 1 0 1|1 1 1 1 1
4 1 0 01 1 1 0 0
5 60 1 110 0 0 O 1
6 601 0]J]0 0 O 0 O
7 0O 0 110 1 1 1 1
8 0 0 0Jjo o 1 0 O
b q

Puc. 1.15

B 1938 r. Knon 1lleHHOH 3aMeTns CBSI3b MeXAY TabJHIIaMHA UCTHHHOCTH U 3JIeK-
TPUUECKUMHU LensiMU. PaccMoTpuMm cxeMy mepekJitodeHus Ha puc. 1.15, Kotopas cocTo-
UT U3 UCTOYHMKA NMUTaHus (puc. 1.16) u anextpuueckoit nammnouku (puc. 1.17).

1.
|+
Puc. 1.16 Puc. 1.17

[TprucBouM 3HaueHHe 1 mepekJOUATeNsIM p U ¢, €CIH OHH 3aMKHYTHI (T.e. 3JeK-
TPUUYECKUH TOK IPOXOIMUT 4epe3 HHX). B MPOTHBOMONOXKHOH CHUTyaLMH NPHUCBOUM HM
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3HaueHue 0. [IprucBouM 3HaueHHe 1 cxeMe, KOTAa JaMIouKa CBETHTCS (T.e. 3JeKTpHU-
YeCKHH TOK uepe3 Hee MPOXOOUT). 3aMeTHUM, YTO MPH MOCJeI0BATENbHOM COeIHHEHHN
3J1EMEHTOB LIeNH P U ¢, KaK 3TO UMeeT MeCTO Ha NpHUBeeHHOH BhIlIe CXeMe, JaMIIouKa
3aropaertcsi, ¥ 3HaueHHe CXeMbl CTAHOBHUTCS PaBHbIM 1 TOJBKO B cjyuae, Korga oda
nepekJiouatess 3aMKHYTbI, T.e. U p, U ¢ uMeloT 3HaueHHe 1. Takum obpasom, cxema
COOTBETCTBYeT BHICKA3blBaHMIO p - ¢. Takoe pacloJioKeHHe MepekJrouaresell Has3blBa-
eTcsl JIOTMYeCKHUM 3J1IEMEHTOM p U ¢, U CXeMOll JI02U4ecKoe0 YMHONCeHUSA. DTOT
JIOTHUECKHH 3/eMeHT 0003HauaeTcsi CHMBOJIOM, M300paxKeHHBIM Ha puc. 1.18.

q Puc. 1.18

Tenepb paccMoTpuM cxeMy NepeK/OUeHHs], I0Ka3aHHY Ha puc. 1.19, rne nepe-
KJII0YaTe i p U ¢ COETUHEHBl NapaJlJiesbHO.

q ©)

e

Puc. 1.19

OTMeTHM, 4TO Telepb JaMIIOYKa 3aropaeTcs, ¥ 3HaueHHe CXeMbl CTAHOBUTCSI PABHBIM
1, Korma onMH U3 IBYX MepekJjioyatesed p UM ¢ 3aMKHYT, T.e. JUOO 3HadeHHe p = 1,
au6o ¢ = 1 (nubo oba oHu paBHBl 1). DTa cXema COOTBETCTBYET BbICKa3bIBAHUIO
p + q. Takoe pacroJsioxkeHre BBIKJOUaTeJeldl Ha3blBaeTCsl JIOTHYECKHM 3JIEMEHTOM P
unU g, WM cxemotl J102Uu4eck020 CA0NCeHUS. DTOT JOTHIECKUH 31eMeHT 0603HaYaeTcs
CUMBOJIOM, H300pakeHHbIM Ha puc. 1.20.

Z:D—pwmq P—[>0—Hep

Puc. 1.20 Puc. 1.21

[Tpennosokum, HMeeTcst cxeMa (Mbl He OyIeM MBITaTbCS ee H300pa3UThb), C OTHUM
nepekJiouartesneM p, KOTOpPblHd o6JagaeT TakKUM CBOHCTBOM, YTO JIaMIIOUKa 3aropaercs
TOTZla U TOJIBKO TOTAA, Koraa p pasoMkHyT. CienoBaresbHO, cXxeMa HMeeT 3HaueHue 1,
Korna p uMeet 3HaueHue 0, U UMeeT 3HadeHHe 0, Koraa p UMeeT 3HadeHHe 1. DTta cxema
COOTBETCTBYET p’, @ COOTBETCTBYIOLIUI JIOTHUECKUH 3/1€MEHT Ha3bIBAETCS JIOTHYECKHM
3JIEMEHTOM He, UK uHeéepmopom. JIoruiecKkuil 3JeMeHT He 0003HauaeTCsi CHMBOJIOM,
n306paxkeHHbIM Ha puc. 1.21.
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NPUMEP 1.7. Cxema Ha puc. 1.22 comep:KHUT JOrMYeCKUH 3JEMEHT p U ¢, 32 KOTOPbIM
C/lelyeT MHBEPTOp, TaK YTO CXeMa COOTBETCTBYET BbipaxkeHHIO (p - ¢)’. 3aMeTHM, uTo
HUHBEPTOP OTPHULAET BCIO NPELLIECTBYIOILYI0 €My CXeMY.

p
4 :D [: Puc. 1.22 0

NMPUMEP 1.8. Cxema Ha puc. 1.23 comepXUT coenvHeHHE JIOTHUECKOTO 3JeMeHTa p
UAW ¢ C JIOTHUECKHM 3JIEMEHTOM He 1 MOCPEACTBOM JIOTHUECKOH CXeMbl YMHOXEHHS.
CurieoBaTesIbHO, OHA COOTBETCTBYET BhipaxkeHHwo (p + q) - r'.

p
q

r
Puc. 1.23 O

MPUMEP 1.9. ByseBo BelpaxKeHHe, COOTBETCTBYIOlIee cxeMe Ha puc. 1.24, umeer Bup
®-q+@-r).

p I\.
q >

Puc. 1.24 O

MPUMEP 1.10. KommyTaluoHHasi cXxema, COOTBETCTBYoLLasi Beipaxenuto (p' - q) +r,
nokaszana Ha puc. 1.25.

p—>—

q

r Puc. 1.25 O

MPUMEP 1.11. KommyTauuoHHasi cxema, COOTBeTCTBYolasl BbipaxkeHuo ((p + ¢q) -
(p+r))+r', nokasana Ha puc. 1.26.

p
q

P

Puc. 1.26 O



60 [JIABA 1. Tabnuuybl UCMUHHOCMU, fl02UKa, OoKasamesbcmea

MPUMEP 1.12. TlocTpouM cxeMy TPexXKJaBHUIIHOTO MepeKJroyaTe/isi, IpH MOMOILH KO-
TOPOTO CBET BKJIOUAETCS TPEMS Pa3jHUHBIMH JBYNO3WLHOHHBIMH MePeKII09aTe/sIMH.
PaccmoTtprM cHauasa cooTBeTcTByloLIee Oy/eBO BbhipaxkeHHe. CBET NO/KEH BKJIOYAThb-
csl, KOTJla BCe TPH MepekJioyare/ss 3aMKHYTH, T.e. He0OXOAHMO UMeTb pgr. Ecau onuH
U3 nepekJiouaTtesell pa3oMKHYT, TO CBET J0JIKeH OblTh BbIKJ/I0UeH. OnHako, ecau paso-
MKHYTb IPyTOd MepeKJoyaTesb, TO CBET N0JKeH BKIOUUTbCs. CilenoBaTeibHO, UCKO-
MoOe BhIpaXkeHue umeeT BHI pqr + pq'r’ +p'q'r +p'qr’. JLast IpoCcTOTEl, BMECTO CXEMH,
npencTaBieHHON Ha puc. 1.27, nnisa BeIpakeHHWs pgr Mbl OyLEeM HCIOJb30BaTb CXEMY,
n3o06paxkeHHywo Ha puc. 1.28.

p

q p
=D

r Ir

Puc. 1.27 Puc. 1.28

A nnsa BelpaxkeHust p + ¢ + r BMeCTo cxeMbl Ha puc. 1.29 Mbl OyneM HCMO0Jb30BaTh
cxeMy, TokazaHHyiw Ha puc. 1.30.

p
q:E ’ —

q‘pa:)
r r

Puc. 1.29 Puc. 1.30
Torpa uckomasi cxema OyieT TakoH, Kak MokKasaHo Ha puc. 1.33. O

Panee Gbl0 oTMeueHo, uto wtpux Llleddepa, o603HauaeMblil yepes |, UMeeT Ty
e TabJIMIy HCTHHHOCTH, 4TO # (pq)’ (B OysieBOi 3amucu), MOITOMY MBIl H YIIOMHHAJH
ero Kak JIOTHUECKYIO CBSI3KY He-u. B cBoio ouepensn, crpeska [Tupca, o6o3HauenHas |,
MMeeT Ty e caMylo TabJully HCTHHHOCTH, 4TO U (p + ¢)’, M03TOMY OHa yIOMHHA/IaCh
KaK CBsi3Ka He-uau. Jloruueckue 3/7eMeHThl He-i U He-uAu 0603HaualTCsl CHMBOJIAMH,
nokasaHHeIMM Ha puc. 1.31 n 1.32.

- T

Puc. 1.31 Puc. 1.32

Bripaxenuio (p|g) | (p|r) cooTBeTcTBYeT cxeMa, H3oGpaxeHHas Ha puc. 1.34.

Puc. 1.34
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g
>0
| — —
—
——p

Puc. 1.33

NPUMEP 1.13. IToaycymmamop HaXOZUT CyMMy ABYX IBOMUYHBIX uHcesq 1 u 0 co-
[JIaCHO Ta0JIHLe CJIOXKEeHHS:

+ 10 1
0|0 1
111 10

CBoe Ha3BaHUe MOJYCYMMATOP IMOJYUHUJT B CBSI3U C TeM, UYTO IPU CJOXKEHHUH IBO-
MUHBIX Yhces ¢ GoJiee UeM OAHHUM pa3psiaoM (UTO CTaHET MpeIMeTOM OOCYXKIEHHS B
NocJ/eNyIolLIeH [JIaBe) CyMMHUPYIOTCS TOJbKO HU3IIKE PA3psifibl, MOCKOJbKY HET BO3MOXK-
HOCTH y4ecTb B CYMMe YHCJO, KOTopoe “mepeHocutcs”. st yno6cTBa CyMMHUpPOBaHUS
ONHOPa3psiHBIX NBOMYHBIX Yuces TabJjulla, IpUBeleHHas Bbllle, Mpeodpa3oBaHa K BU-

ny

[Tyctb p u g 0603HAUAIOT UKCJ/Ia, KOTOPblE TpeOyeTcsl CJA0XKHUTh, a di,dy — NepBBIH U
BTOPOU paspsifibl CYMMbI, TOT/Ia MPUXOIUM K CJIEAYIOUIMM TaObJHuaM HCTHHHOCTH:

Cayuayi p q | do Cayuan p q | dy
1 1 1 0 1 1 1 1
2 1 0 1 2 1 010
3 0 1] 1 3 0 1]0
4 0 0] 0 4 0 0] 0




62 [JIABA 1. Tabnuuybl UCMUHHOCMU, fl02UKa, OoKasamesbcmea

CnenoatesbHo, dg = pq’ +p’q, 4To 5KBHBaJEHTHO (p+q)-(pg)’. DTO MOXKHO MOKA3aTh,
HCIO/Ib3Ysl TaGJHIBl HCTHHHOCTH WJIM TPABUJIO SKBUBAJEHTHOCTH (CM. YIParkKHEHHS).
Takxe d; = pg. KommyTaunonHasi cxema Jjist oJiycyMMaTopa npuBejeHa Ha puc. 1.35.

p
q —
d,

d,
Puc. 1.85

HOCKOJIbe [IoJyCyMMaTop naetT CyMMY ABYX 4HHCeJI, OH o6o3HauaeTcs CHUMBOJIOM,

1300paxKeHHBIM Ha puc. 1.36.
D d
_/_ 0
qdl Puc. 1.36 ]

NPUMEP 1.14. Iloanotii cymmamop CKIafblBaeT TPH ONHOPA3PSIAHBIX TBOUYHBIX UHC-
Ja. CreoBaTe/IbHO, OH MOXKET CJIOXKHTb JBa ABOWUHBIX YHMCJ/A C TEM YHCJIOM, KOTOPOE
“nepenocutcs”. [loka Heo6X0OUMO paccMaTpPUBaTh TO KaK CJIOXKEHHe TpeX OLHOpas-
PSOHBIX JABOMYHBIX 4HcesJ. ECaM MpeAnosoKuTe, 4TO p, ¢ U 7 0003HAYAIOT YHCJIA,
KOTOpble HeOOXOIHMMO CJIOXKHTb, a d’fé,d(’;7£ — TNepBBId U BTOPOH paspsiibl UX CYMMBI,
noJjy4aeM c/edyolide TabIULbl HCTUHHOCTH:

dé# JNEHUCTBUTEJIBHO €CTh pe3yJsbTaT CJ0XkKeHUs do ¢ 7, The dy — BTOPOH paspsil CyMMbI

p U q. ClenoBatesbHO, €ro CXeMy JIETKO ONHCaTh. 3HaueHHe dfE TMpollle MONYUHTb,
MCIOJIb3Ysl PUBENEHHYIO Bbillle TabJIUIy HUCTUHHOCTH

dif = pgr +pgr’ +pg'r+p'ar.
Bocmnosb3oBaBiurcek Kaptoil KapHo n/si BeIpaykeHHs1 df&, noJiyyaeM CjaedyOULYIo KapTy:

q ~q
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Taxkum o6pasowm, df& =pq+pr+qr =pqg+ (p+q)r, 103TOMy cXeMa MOXKeT ObITb MPH-

BelleHa K BUIY, TOKa3aHHOMY Ha puc. 1.37. (Bosiee moppobHoO 3Ta cxeMa NpeicTaBJeHa
Ha puc. 1.39, npuBeeHHOM HHUXe.)

d,

QT

d#

r

Puc. 1.37

[TockoJibKY TMOJIHBIH CyMMaTOp CKJaAblBaeT TPU uMcaa, OH OyneT o003HauaThCs
CUMBOJIOM, MOKa3aHHbIM Ha puc. 1.38.

=R

Puc. 1.38
O
p
T )
&D ,\
V
r

[\
— V]

Puc. 1.39

B YIIPAKHEHUA

1. TlepenuiuTe caenymllyde BbICKa3blBaHUSI B 0003HAUeHUSIX OYyJeBOU ajredpbl:
a) (pAg)A(gVr~r)
6) (g V~r)A(~pVr)A(gV~rVs);
B) ~(p A~qAT)V (~gAT)V (P Areg Aot
r) ~(~p V(g A~r));
x) (pAT)V(p A~g) A (pVr Ves).
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2. llepenuinre c/ienymllye BbICKAa3bIBaHUSI B 0003HaUeHHUAX OyseBOH anreOphl:
a) (pVaqVrr) A~(rV~g);
0) (~qAr) V~(pAT);
B) ~((p A1) V~g);
1) (PAGAT)V(~pAGgA~T)V (~pAGAT)V (~p Ag A~r);
D) (P A~g AT AS)V (~pAGATAS)V (MpAg A~r As).
3. IlpuBenute GyseBbl BbIpa’KeHUSs, COOTBETCTBYIOLME KOMMYTAllMOHHBIM CXeMaM:

a)
p
4 —>—
0)
q
LIS,
>
B)
p—
r)
p
q

- .
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n)

N
V

\/

4. HpI/IBe,E[I/ITe 6y.}'IeBbI BbIpaxKeHHus, COOTBETCTBYIOLIHE KOMMYTAllMOHHBIM CXeMaM:

a)
p
6)
p
q
B)
p I\4
-
r N
L
r)
P —

\/
4

/
Y
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5.

10.

ITIABA 1. Tabnuubl ucmuHHocmu, fioauka, 0okazameribcmea

x)
N
p—=1

N.
l/"

[TocTpoiiTe KOMMyTalLHOHHbBIE CXEMbI, COOTBETCTBYOLINE GyJIEBbIM BbIPaKEHHUSIM:
a) (p +q)(p+ (qr));

6) (pq') + ((qr') + (0'r));

B) (¢'r") + ((pg)'(¢'r));

r) (q(r+9)((p'q") + (ar'));

n) (pq) + ((pg'r") +7)".

[TocTpofiTe KOMMyTaIOHHEIE CXEMBI, COOTBETCTBYIONIHE GyJeBbIM BbIPAXKEHHUSIM:
a) (pq')' + (qr)";

6) ((p+q)2)";

B) ((p'(¢+p'r")) + (pd' +7);

r) (p'q+(d'r)) +ps’;

n) ((pg)' + (r's))(p +1').

MyHuUMNaAbHBIA COBET COCTOMT M3 MSITH 4jeHOB. Kaxablil 4jieH coBeTa MMeeT
JIJIs1 TOJIOCOBAHHUST KHOMKY “3a” U KHOMKY “MpoTHB”. PellleHHe MpUHUMAETCS, eCn
3a Hero mporoJiocyet 60JbIIHHCTBO. [locTpoliTe KOMMYTALHOHHYO CXEMY YCTPOH-
CTBa, CHTHAJH3WPYIOIIEr0 O TOM, YTO pelleHWe TPHUHSTO, MyTeM BBICBEYHBAHHUS
UHIUKATOpa. ¥YKa3aHue: IPU MOCTPOEHUH CXeM HCIOJb3YHTe MOC/eN0BaTeNbHOE
U napaJijiefibHoe COelMHeHHe MepekJ/iodartesiel, Kak M0Ka3aHO B Hauaje pasjeJa.
MyHUUMNANBHBIN COBET COCTOUT U3 MSTH UJIEHOB, BKJOUAs Npe/iceaTelsl COBETA.
Ka>knpiii uneH coBeTa UMeeT [JIsl TOJOCOBAHUS KHOMKY “3a” ¥ KHOMKY “IPOTHB”.
Perenvie npuHrMaeTcs, ecyii 3a Hero nporoJocyet 60/bHHCTBO. [Ipencenarens
COBETa TOJIOCYET TOJBKO B TOM CJydae, ecju rosoca “sa” u “npoTuB” pasnenu-
Juchk nopoBHy. [TocTpoiiTe KOMMYTAllMOHHYIO CXeMY [Jisl ONMpeeeHUs PUHATHS
WJIM HENpUHSTHS pelleHUs MyTeM BBICBEUHWBAHHS HHAMKATOpPA. YKasaHue: TPH
TIOCTPOEHUH CXEM HCMOJb3YHTE MOC/eN0BaTe/NbHOE U MapaJyesibHOe COelHHEHHe
nepekJouartesell, Kak MoKa3aHo B Hauase paszesa.

MyHuOUna bHBIA COBET COCTOUT M3 NSATH YJEHOB, BKJIOUAs MPEACefaTeNss CoBe-
ta. Kaxknpiil 4jieH coBeTa UMeeT [JIsl TOJOCOBAHHUSI KHOMKY “3a” W KHONKY “Ipo-
TUB”. PellleHne NMpUHUMAETCS], €CJIH 332 HETO MPOroJiocyeT GOJBIIHHCTBO, UCKJIIO-
yasi mpencenaTessi, KOTOPbIE MMeeT mpaBo BeTo. [locTpoliTe KOMMYyTalMOHHYIO
CXeMy [JIsl ONpefeseHHUs] PUHSTHUS UK HEMPUHSITHS PELIeHHS] MyTeM BbICBEUH-
BaHWSA WHAMKATOPA.

DnekTpUuecKas cXema COMEPKHUT TPH [IBYNO3ULHOHHBIX nepeksouaress. CKOH-
CTpyHpy#Te cXeMy IJisi BKJIIOUEHHUS] U BBIKJIIOUEHHs JIOObIM TepeKaouaTeseM.
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